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acoustic Bragg reflection, couples via radiation pressure to
both optical resonances.

An illustration of the experimental apparatus used to cool
and measure the OMC nanomechanical oscillator is shown
in Fig. 2. In order to precool the oscillator, the silicon sample
is mounted inside a Helium flow cryostat. For a sample
mount temperature of 6.3K, the thermal bath temperature of
the mechanical mode is measured to be 18 K (thermal
phonon occupation of nb ¼ 94 phonons) through optical
measurements described below. At this temperature the
breathing mode damping rate to the thermal bath is found
to be!i=2" ¼ 43 kHz. The optical resonances of the OMC
cavity aremeasured to have total damping rates of#c=2" ¼
390 MHz and #r=2" ¼ 1:0 GHz for the cooling and read-
out modes, respectively. An optical fiber taper is used to
evanescently couple light to and from the OMC cavity.
Utilizing piezoelectric stages, the taper is positioned to
the side of the nanobeam cavity and placed in contact
with the surface of the silicon microchip surrounding the
suspended nanobeam. In this scheme, the fiber taper runs
approximately parallel to the nanobeam, and can be rigidly
mounted at a prescribed nanoscale gap from the nanobeam.
For the taper-to-nanobeam gap used here (& 200 nm), the
coupling rate to the fiber taper waveguide is approximately
#e;c=2" ¼ 46 MHz for the cooling mode and #e;r=2" ¼
300 MHz for the readout mode.

A Hamiltonian describing the coupled OMC cavity sys-
tem is given by ^H ¼ @ð!r þ grx̂=xzpfÞâyâ þ @ð!c þ
gcx̂=xzpfÞĉyĉ þ @!m b̂

yb̂, where ĉ (ĉy) and â (ây) are the
annihilation (creation) operators for photons in the cooling
and readout modes, respectively, and x̂ % xzpfðb̂y þ b̂Þ is
the displacement operator of the breathing mode with b̂y

(b̂) the phonon creation (annihilation) operator. xzpf , the

mode’s zero-point fluctuation amplitude, is estimated to be
2.7 fm from FEM simulations. The zero-point optome-
chanical coupling rates are determined from measurements
of the optically-induced damping of the mechanical mode
[13] to be gc=2" ¼ 960 kHz and gr=2" ¼ 430 kHz for
the cooling and readout modes, respectively.
As alluded to above, resolved sideband cooling in opto-

mechanical cavities follows physics which is formally
similar to the Raman processes used to cool ions to their
motional ground state [1]. A cooling laser, with frequency
!l ¼ !c & !m , is tuned a mechanical frequency below
that of the cooling cavity resonance of the OMC, giving
rise to an intracavity photon population nc. Motion of the
mechanical oscillator causes scattering of the intracavity
cooling beam laser light into Stokes and anti-Stokes side-
bands at !c & 2!m and !c, respectively. Since the anti-
Stokes sideband is resonant with the cavity at !c, and
#c < !m , the anti-Stokes optical up-conversion
process is greatly enhanced relative to the Stokes
down-conversion process, leading to cooling of the me-
chanical mode. Assuming a deeply resolved sideband
system (#c=!m ' 1), the backaction cooled mechanical
mode occupancy is approximately given by hnic ¼
!inb=ð!i þ !cÞ [16,17].
Optical scattering of the intracavity light field can also

be used to read out the motion of the coupled mechanical

FIG. 2 (color online). Schematic of the experimental set-up.
Two narrowband lasers (linewidth (300 kHz) are used to inde-
pendently cool and readout the motion of the breathing mechani-
cal mode of the OMC cavity. The 1500 nm (readout) and
1400 nm (cooling) laser beams are passed through variable
optical attenuators (VOAs) to set the laser power, and combined
at a wavelength multiplexer ($-MUX) before being sent into the
cryostat through an optical fiber. Transmission of the 1500 nm
readout beam through the OMC cavity, collected at the output
end of the optical fiber, is filtered from the 1400 nm cooling
beam light via a bandpass filter, preamplified by an Erbium-
doped fiber amplifier (EDFA), and detected on a high-speed
photodetector (PD2) connected to a real-time spectrum analyzer
(RSA). An optical wave meter ($-meter) is used to monitor both
the cooling and readout laser frequencies. The optical reflection
from the cavity is used to perform EIT-like spectroscopy [22] on
both the readout and cooling cavity modes. Other components
are: amplitude-modulation (a-m) and phase-modulation (% -m)
electro-optic modulators, fiber polarization controller (FPC),
swept frequency radio-frequency signal generator (rf-sg), lock-
in amplifier (lock-in), and optical switches (SW).

FIG. 1 (color online). (a) A scanning electron micrograph of
the silicon nanobeam optomechanical cavity. Finite-element
method (FEM) numerical simulations of the electric field am-
plitude of the (b) first- and (c) second-order optical modes of the
cavity which are used for cooling and probing the mechanical
motion, respectively. (d) FEM numerical simulation showing the
displacement amplitude of the coupled breathing mechanical
mode.
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is applied perpendicular to the plane of the WGM orbits.
A loop coil near the YIG sphere generates an ac magnetic
field perpendicular to the dc field and drives FMR. The
magnetization then acquires its horizontal component
rotating at the angular frequency of the Kittel mode.
Because of the finite loss, the microwave reflection picked
up by the loop coil shows a dip at the resonant frequency.
The resonant frequency and the quality factor are found to
be ωmag=2π ¼ 6.81 GHz and Q ∼ 3000, respectively.
Laser light with a wavelength of 1.5 μm from an ECDL

is introduced through a FPC and then coupled to the WGM
resonator via a tapered silica optical nanofiber, with a waist
diameter of about 700 nm and a waist length of around
4 mm. Figure 1(b) shows the transmission spectra for the
transverse-electric (TE) modes and the transverse-magnetic
(TM) modes. The rich structures in the spectra indicate that
there are various spatial modes within the FSR of 62.1 GHz.
For WGMs in the large sphere limit, frequencies of the TM
modes are known to be higher than those of the TE modes
with the same mode indices because of the geometrical
birefringence [22–24]. For the 750-μm-diameter sphere we

use, the difference is estimated to be 51.8 GHz, which is
consistent with the observed spectra in Fig. 1(b) [25]. The
intrinsic quality factors of the WGMs are found to be
around 1 × 105 when they are measured in the under-
coupled regime.
When the light propagates in the direction of the mean

magnetization in ferromagnets, the well-known Faraday
effect occurs. When, on the other hand, the mean mag-
netization is perpendicular to the direction of light propa-
gation, magnon-induced Brillouin scattering takes place
[26–28]. In the presence of magnons in the Kittel mode,
photons in the WGM undergo Brillouin scattering to create
sideband photons with the frequency shifted by "ωmag=2π.
A HWP and a PBS make the scattered sideband photons
and the unscattered input photons interfere to generate a
beat signal at ωmag=2π. The signal is amplified and
measured with a vector network analyzer.
The orange (light blue) plot in Fig. 2 shows the observed

spectrum of the beat signal for the input laser being the TM
mode and coupled to the anticlockwise (clockwise) orbit of
the WGM resonator. The frequency of the input photons is
tuned to be ω=2π ¼ 193130 GHz where the beat signal
associated with the anticlockwise orbit is maximized.
While both peaks in Fig. 2 have the same linewidth as
the FMR signal, there is a large difference in their signal
strengths of almost 20 dB.
The nonreciprocity of the magnon-induced Brillouin

scattering can be explained by considering the conservation
of energy, momentum, and angular momentum under the
situation in which the spin-orbit coupling of the photons
and the geometrical birefringence associated with the
WGM resonator are blended with the time-reversal sym-
metry breaking in the magnon dynamics.
Suppose that the input laser polarization is adjusted to

couple to the TM mode of the anticlockwise WGM orbit
(orange orbit in Fig. 2). The light in the resonator is then σþ

polarized due to the spin-orbit coupling [see Fig. 3(a)]. To
see why the Brillouin scattering is more noticeable in this
situation, we consider the following three points. (i) The

FIG. 1. Transmission through WGMs in a YIG sphere.
(a) Experimental setup. WGMs of the YIG sphere are addressed
with an optical nanofiber. Microwave radiation from a vector
network analyzer excites magnons, and ac and dc components of
the light intensity are monitored with a high-speed photodetector
(PD). The polarization of the light from an external-cavity diode
laser (ECDL) is adjusted by a fiber polarization controller (FPC).
A half-wave plate (HWP) and a polarization beam splitter (PBS)
are placed before the PD. The inset shows a picture of the YIG
sphere and the nanofiber. (b) Observed WGM spectra for the
750-μm-diameter YIG sphere. Red and blue lines correspond to
the TM and TE modes, respectively. The transmission signals are
normalized by their maximal values. The free spectral range
(FSR) and the estimated spectral shift due to the geometrical
birefringence (GB) are indicated.
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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Because of the finite loss, the microwave reflection picked
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tuned to be ω=2π ¼ 193130 GHz where the beat signal
associated with the anticlockwise orbit is maximized.
While both peaks in Fig. 2 have the same linewidth as
the FMR signal, there is a large difference in their signal
strengths of almost 20 dB.
The nonreciprocity of the magnon-induced Brillouin

scattering can be explained by considering the conservation
of energy, momentum, and angular momentum under the
situation in which the spin-orbit coupling of the photons
and the geometrical birefringence associated with the
WGM resonator are blended with the time-reversal sym-
metry breaking in the magnon dynamics.
Suppose that the input laser polarization is adjusted to

couple to the TM mode of the anticlockwise WGM orbit
(orange orbit in Fig. 2). The light in the resonator is then σþ

polarized due to the spin-orbit coupling [see Fig. 3(a)]. To
see why the Brillouin scattering is more noticeable in this
situation, we consider the following three points. (i) The

FIG. 1. Transmission through WGMs in a YIG sphere.
(a) Experimental setup. WGMs of the YIG sphere are addressed
with an optical nanofiber. Microwave radiation from a vector
network analyzer excites magnons, and ac and dc components of
the light intensity are monitored with a high-speed photodetector
(PD). The polarization of the light from an external-cavity diode
laser (ECDL) is adjusted by a fiber polarization controller (FPC).
A half-wave plate (HWP) and a polarization beam splitter (PBS)
are placed before the PD. The inset shows a picture of the YIG
sphere and the nanofiber. (b) Observed WGM spectra for the
750-μm-diameter YIG sphere. Red and blue lines correspond to
the TM and TE modes, respectively. The transmission signals are
normalized by their maximal values. The free spectral range
(FSR) and the estimated spectral shift due to the geometrical
birefringence (GB) are indicated.
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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2.1. Magnetics – Spin waves

Spin system with 
one flipped spin

Macrospin

≙

Figure 2.4.: Excited Kittel mode.
Note: Here one particular spin is flipped, in reality this flipped spin is
distributed over the whole sample.

Strictly speaking, equation 2.1 only represents the lossless form of the Landau-Lifshitz
equation without dissipation. Since this is rather unphysical, one can insert a phe-
nomenological damping and dissipation term [5], which leads to the Landau-Lifshitz-
Gilbert equation

d ~M

dt
= �� ~M ⇥ ~Be↵ + ↵ ~M ⇥

d ~M

dt
(2.2)

with ↵ the damping constant. This equation describes a damped precession movement
of the magnetization ~M after an excitation, which leads to a helical orbit around ~Be↵

(Fig. 2.1 (b)).

(a) (b)

�M�M

�Be�
�Be�

�M ⇥
d �M

dt

� �M ⇥ �Be�

Figure 2.5.: (a) Lossless Larmor precession. (b) Damped Larmor precession. [5]

We conclude this section by mentioning that magnetic materials exhibit a variety of
magnon modes, not only homogeneous modes like the Kittel mode. For example a small
magnetic disk can exhibit a magnetic texture of a so-called vortex, which gives rise to
much more interesting magnon modes as we will see in the following chapters.

5

2.2. Optics – Whispering gallery modes

and the interference maxima of the electric field vary with m.
Finally we discuss shortly the TE case, where | (', r)| represents the absolute value of
the magnetic field. Since these modes are showing the same behavior as the TM modes
we only focus on the modes with p = 1. As we see in figure 2.9 the modes look a bit
di↵erent since they are more confined to the disk.
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Figure 2.8.: TM whispering gallery modes for p = 1 (only cos solution).

1µm
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Figure 2.9.: TE whispering gallery modes for p = 1 (only cos solution).

In the simulation sections the above evaluated analytical results, which are strictly speak-
ing only valid for an infinite cylinder, are compared to the numerical results for a finite
disk, where no analytical solution is calculable. However the analytical results can be
used as a valid approximation for thin dielectric cavities if one introduces the e↵ective
refractive index mentioned above.

11
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network analyzer excites magnons, and ac and dc components of
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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2.1. Magnetics – Spin waves

(a)

(b)

Figure 2.2.: (a) Visualization of spins precessing around their equilibrium. (b) Spin
wave. [5]

After the discussion of a traveling spin wave in 1D we now want to generalize the problem
to 3D. Since here the physics is getting complicated, we focus on the case where all the
spins are aligned and after an excitation rotate in phase, which is called the Kittel
mode. Since all spins are parallel, the whole system can be interpreted as one macrospin
pointing in the same direction as the aligned spins (Fig. 2.3).

Aligned spin 
system

≙

Macrospin

Figure 2.3.: Ground state of an aligned spin system in a sphere.

For exciting the Kittel mode we again have to distribute one flipped spin over the
whole system. This corresponds to a displacement of the macrospin from its former
position (Fig. 2.4) and consequently, the macrospin starts to precess around its state
of equilibrium (Fig. 2.5 (a)). This so-called Larmor precession can be described by the
Landau-Lifshitz equation [5]

d ~M

dt
= �� ~M ⇥ ~Be↵ , (2.1)

where ~M represents the magnetization corresponding to the macrospin, � the gyro-
magnetic ratio and ~Be↵ an e↵ective magnetic field parallel to the equilibrium position of
~M resulting from externally applied magnetic fields and fields caused by the interactions
of the spins among themselves.
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Microwaves Magnons

Strong coupling demonstrated in 2014  

the spectral lines at the anticrossing; (iii) the limited
filtering in the microwave measurement setup allowed
thermal excitations of magnons and photons in the sample.
The present work resolves all these issues as discussed
below. A nearly uniform microwave field in the large cavity
volume, combined with the selection of a spherical sample,
suppresses the coupling to other magnetostatic modes
because of their symmetry. Meanwhile, the high spin
density of YIG and the large volume of the sphere lead
to an enormous magnetic-dipole coupling strength between
the Kittel mode and the cavity mode, namely, two harmonic
oscillators. Normal-mode splitting with the cavity mode is
clearly observed even in the quantum regime where both
the average numbers of thermally excited magnons and
photons are nearly zero and that of the probe microwave
photons in the cavity is less than one.
Our experimental setup is shown in Fig. 1. The cavity

made of oxygen free copper has the fundamental-mode
(TE101) frequency ωc=2π of 10.565 GHz, and its internal
cavity loss κint=2π is about 1.0 MHz at low temperature.
This cavity has two connector ports for the transmission
spectroscopy; an asymmetric port configuration is used
where input and output ports have different coupling
strengths κ1=2π and κ2=2π of 0.13 and 1.5 MHz, respec-
tively. An YIG sphere made by Ferrisphere Inc. [20] is

mounted in the cavity at the magnetic antinode of the
fundamental mode. We apply a static magnetic field of
approximately 370 mT along the crystal axis h100i which
is the hard magnetization axis for YIG. The sample is
supposed to be uniformly magnetized and saturated.
We first measure the transmission spectrum of the cavity

loaded by an YIG sphere with a diameter of 0.5 mm.
Figure 2(a) shows the transmission coefficient ReðS21Þ as a
function of the frequency and the magnetic field tuned by
the bias current I in the coil. A pronounced normal-mode
splitting is observed, indicating strong coupling between a
collective excitation mode in the YIG sphere and the cavity
mode. We assign the mode in the sphere to the Kittel mode;
it gives the maximum coupling strength to the nearly
uniform cavity field and the frequency which is linearly
dependent on the static field. Although it is difficult to
recognize in Fig. 2(a), we also see a few hints of other tiny
anticrossings, for example, at I ¼ −1.6, 2.3, and 3.3 mA.
These are due to weak coupling of the cavity mode with
other magnetostatic modes in the YIG sphere, induced by
the small inhomogeneity of the magnetic fields. Several
cross sections of the 2D color plot are depicted in Fig. 2(b).
As a function of the magnetic field, the Kittel mode
approaches the cavity mode. At the degeneracy point
(I ≡ 0 mA) where the Kittel-mode frequency coincides
with the cavity frequency, we see the normal-mode splitting
of nearly 100 MHz, orders of magnitude wider than
the linewidths. At this point, the Kittel and cavity modes
form “magnon-polariton” modes, i.e., hybridized modes
between the collective spin excitation and the cavity
excitation.
We now evaluate the coupling strength and the cavity

and magnon linewidths by fitting the transmission coef-
ficient S21ðωÞ with an equation derived from the input-
output theory. The transmission coefficient of the hybrid
system is written as

S21ðωÞ ¼
ffiffiffiffiffiffiffiffiffi
κ1κ2

p

iðω − ωcÞ − κ1þκ2þκint
2 þ jgmj2

iðω−ωFMRÞ−γm=2

; ð1Þ

where gm is the coupling strength of the Kittel mode to the
cavity, and ωFMR and γm are the frequency and the line-
width of the Kittel mode, respectively. The input and output
port couplings of the cavity are determined separately by
measuring additionally the reflection of the cavity output.
As depicted by the dashed white lines in Fig. 2(b), the
spectra are well fitted with Eq. (1). The coupling strength of
the Kittel mode to the cavity gm=2π, the total cavity
linewidth κ=2π ¼ ðκ1 þ κ2 þ κintÞ=2π, and the Kittel-mode
linewidth γm=2π are determined as 47 MHz, 2.7 MHz, and
1.1 MHz, respectively. From the parameters, the hybrid
system turns out to be deep in the strong coupling regime
where gm ≫ γm, κ, even at the lowest temperature and with
the weakest probe power. A dimensionless measure which
indicates how well the spins couple to the cavity mode is
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FIG. 1 (color online). Experimental setup. (a) An YIG sphere
mounted in a rectangular cavity made of oxygen free copper. The
sphere is glued to an alumina (aluminum-oxide) rod oriented to
the crystal axis h110i. The inset is a magnified picture of a sphere
with a diameter of 1.0 mm. The cavity has two connector ports for
transmission spectroscopy and dimensions of 22 × 18 × 3 mm
that give the fundamental-mode (TE101) resonant frequency
ωc=2π of 10.565 GHz. (b) Measurement apparatus. The YIG
sphere, cavity, and magnet are cooled to 10 mK using a dilution
refrigerator. A series of attenuators and isolators prevent thermal
noise from reaching the sample space. The total attenuation of the
input port is 48 dB at 10 GHz. The output signal is amplified by
two low-noise amplifiers at 4 K and the room temperature. We
use a vector network analyzer (VNA) for transmission and
reflection spectroscopy. A static magnetic field perpendicular
to the microwave magnetic field and parallel to the crystal axis
h100i is applied by using permanent neodymium magnets and a
magnetic yoke made of pure iron. We use a superconducting coil
for fine tuning of the static field.
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the spectral lines at the anticrossing; (iii) the limited
filtering in the microwave measurement setup allowed
thermal excitations of magnons and photons in the sample.
The present work resolves all these issues as discussed
below. A nearly uniform microwave field in the large cavity
volume, combined with the selection of a spherical sample,
suppresses the coupling to other magnetostatic modes
because of their symmetry. Meanwhile, the high spin
density of YIG and the large volume of the sphere lead
to an enormous magnetic-dipole coupling strength between
the Kittel mode and the cavity mode, namely, two harmonic
oscillators. Normal-mode splitting with the cavity mode is
clearly observed even in the quantum regime where both
the average numbers of thermally excited magnons and
photons are nearly zero and that of the probe microwave
photons in the cavity is less than one.
Our experimental setup is shown in Fig. 1. The cavity

made of oxygen free copper has the fundamental-mode
(TE101) frequency ωc=2π of 10.565 GHz, and its internal
cavity loss κint=2π is about 1.0 MHz at low temperature.
This cavity has two connector ports for the transmission
spectroscopy; an asymmetric port configuration is used
where input and output ports have different coupling
strengths κ1=2π and κ2=2π of 0.13 and 1.5 MHz, respec-
tively. An YIG sphere made by Ferrisphere Inc. [20] is

mounted in the cavity at the magnetic antinode of the
fundamental mode. We apply a static magnetic field of
approximately 370 mT along the crystal axis h100i which
is the hard magnetization axis for YIG. The sample is
supposed to be uniformly magnetized and saturated.
We first measure the transmission spectrum of the cavity

loaded by an YIG sphere with a diameter of 0.5 mm.
Figure 2(a) shows the transmission coefficient ReðS21Þ as a
function of the frequency and the magnetic field tuned by
the bias current I in the coil. A pronounced normal-mode
splitting is observed, indicating strong coupling between a
collective excitation mode in the YIG sphere and the cavity
mode. We assign the mode in the sphere to the Kittel mode;
it gives the maximum coupling strength to the nearly
uniform cavity field and the frequency which is linearly
dependent on the static field. Although it is difficult to
recognize in Fig. 2(a), we also see a few hints of other tiny
anticrossings, for example, at I ¼ −1.6, 2.3, and 3.3 mA.
These are due to weak coupling of the cavity mode with
other magnetostatic modes in the YIG sphere, induced by
the small inhomogeneity of the magnetic fields. Several
cross sections of the 2D color plot are depicted in Fig. 2(b).
As a function of the magnetic field, the Kittel mode
approaches the cavity mode. At the degeneracy point
(I ≡ 0 mA) where the Kittel-mode frequency coincides
with the cavity frequency, we see the normal-mode splitting
of nearly 100 MHz, orders of magnitude wider than
the linewidths. At this point, the Kittel and cavity modes
form “magnon-polariton” modes, i.e., hybridized modes
between the collective spin excitation and the cavity
excitation.
We now evaluate the coupling strength and the cavity

and magnon linewidths by fitting the transmission coef-
ficient S21ðωÞ with an equation derived from the input-
output theory. The transmission coefficient of the hybrid
system is written as

S21ðωÞ ¼
ffiffiffiffiffiffiffiffiffi
κ1κ2

p

iðω − ωcÞ − κ1þκ2þκint
2 þ jgmj2

iðω−ωFMRÞ−γm=2

; ð1Þ

where gm is the coupling strength of the Kittel mode to the
cavity, and ωFMR and γm are the frequency and the line-
width of the Kittel mode, respectively. The input and output
port couplings of the cavity are determined separately by
measuring additionally the reflection of the cavity output.
As depicted by the dashed white lines in Fig. 2(b), the
spectra are well fitted with Eq. (1). The coupling strength of
the Kittel mode to the cavity gm=2π, the total cavity
linewidth κ=2π ¼ ðκ1 þ κ2 þ κintÞ=2π, and the Kittel-mode
linewidth γm=2π are determined as 47 MHz, 2.7 MHz, and
1.1 MHz, respectively. From the parameters, the hybrid
system turns out to be deep in the strong coupling regime
where gm ≫ γm, κ, even at the lowest temperature and with
the weakest probe power. A dimensionless measure which
indicates how well the spins couple to the cavity mode is
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FIG. 1 (color online). Experimental setup. (a) An YIG sphere
mounted in a rectangular cavity made of oxygen free copper. The
sphere is glued to an alumina (aluminum-oxide) rod oriented to
the crystal axis h110i. The inset is a magnified picture of a sphere
with a diameter of 1.0 mm. The cavity has two connector ports for
transmission spectroscopy and dimensions of 22 × 18 × 3 mm
that give the fundamental-mode (TE101) resonant frequency
ωc=2π of 10.565 GHz. (b) Measurement apparatus. The YIG
sphere, cavity, and magnet are cooled to 10 mK using a dilution
refrigerator. A series of attenuators and isolators prevent thermal
noise from reaching the sample space. The total attenuation of the
input port is 48 dB at 10 GHz. The output signal is amplified by
two low-noise amplifiers at 4 K and the room temperature. We
use a vector network analyzer (VNA) for transmission and
reflection spectroscopy. A static magnetic field perpendicular
to the microwave magnetic field and parallel to the crystal axis
h100i is applied by using permanent neodymium magnets and a
magnetic yoke made of pure iron. We use a superconducting coil
for fine tuning of the static field.
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QUANTUM INFORMATION

Coherent coupling between a
ferromagnetic magnon and a
superconducting qubit
Yutaka Tabuchi,1* Seiichiro Ishino,1 Atsushi Noguchi,1 Toyofumi Ishikawa,1

Rekishu Yamazaki,1 Koji Usami,1 Yasunobu Nakamura1,2

Rigidity of an ordered phase in condensed matter results in collective excitation modes
spatially extending to macroscopic dimensions. A magnon is a quantum of such collective
excitation modes in ordered spin systems. Here, we demonstrate the coherent coupling
between a single-magnon excitation in a millimeter-sized ferromagnetic sphere and a
superconducting qubit, with the interaction mediated by the virtual photon excitation in a
microwave cavity. We obtain the coupling strength far exceeding the damping rates, thus
bringing the hybrid system into the strong coupling regime. Furthermore, we use a
parametric drive to realize a tunable magnon-qubit coupling scheme. Our approach
provides a versatile tool for quantum control and measurement of the magnon excitations
and may lead to advances in quantum information processing.

L
ow-dissipative magnon dynamics in ferro-
magnetic insulators have been extensively
studied in the contexts of ferromagnetic
resonance (1, 2), Bose-Einstein condensa-
tion (3), and spintronics (4, 5). Moreover,

the coupling of magnons and microwave pho-
tons in a resonator has been investigated (6–9)
with the aim of realizing hybrid quantum systems
for quantum memories and transducers. How-
ever, coherent manipulation of a magnon at the
single-quantum level has remained elusive be-
cause of the lack of anharmonicity in the system.
Single-electron spins, being a natural and

genuine two-level system, play crucial roles in
numerous applications in quantum information
processing. However, they have intrinsic draw-
backs, such as a small magneticmoment equal to
mB (the Bohr magneton) and the limited spatial
extension of the electron wave function, making
coherent coupling with an electromagnetic field
rather weak. To circumvent these problems, para-
magnetic spin ensembles such as atoms (10),
nitrogen vacancy centers (11, 12), and rare-earth
ions in a crystal (13, 14) have been studied. Gen-
erally, the coupling strength is enhanced by the
square root of the number of the spins involved.
At the same time, a collective spin excitation
mode, whichmatches the input electromagnetic-
field mode, is spanned among the spatially and
spectrally extended spin ensemble. However, with
an increased spin density needed for a stronger
coupling, the spin-spin interactions within the
ensemble drastically degrade the coherence of
the system, leading to a trade-off.
Here we take a different approach by intro-

ducing, counterintuitively, a strong exchange in-
teraction between neighboring spins to make

them fully ordered in the ferromagnetic state.
Even though they typically have a spin density
several orders of magnitude higher than those
of paramagnetic spin crystals mentioned above,
the strong exchange and dipolar interactions
among the spins dominate their dynamics, lead-
ing to narrow-linewidth magnetostatic modes.
The simplest mode, called the Kittel mode, has
uniform spin precessions in the whole volume.
In this Report, we demonstrate a hybrid quan-

tum system that combines two heterogeneous
collective-excitation modes: i.e., the Kittel mode
in a ferromagnetic crystal and a superconducting
qubit. In the latter system, the nonlinearity of
Josephson junctions plays a crucial role for the
realization of the qubit: i.e., an effective two-level
system. The progress in the past decade has
made these qubits and their integrated circuits
one of the most advanced technologies for quan-
tum information processing (15–17). In the set-
ups of circuit quantum electrodynamics, a qubit
as an artificial atom is coupled strongly to a mi-
crowave resonator (18) or a waveguide (19). These
setups allow precise control and readout of the
qubit states, as well as synthesis and character-
ization of arbitrary quantum states in the mi-
crowave modes (20); these techniques can readily
be applied to quantum engineering with magnon
excitations. The anharmonicity contributed by the
superconducting qubit is the critical element.
In our experimental setup (Fig. 1), a transmon-

type superconducting qubit and a single-crystalline
yttrium iron garnet (YIG) sphere are mounted in
a microwave cavity. The qubit with a 0.7-mm-
long dipole antenna has a resonant frequency
wq=2p of 8:136 GHz. It strongly couples to the
electric fields of the cavity modes; e.g., the cou-
pling strength gq=2p between the qubit and the
TE102 (transverse electric) mode at w102=2p ¼
8:488 GHz is 121 MHz (21). The YIG sphere
with a diameter of 0:5 mm is glued to an
aluminum oxide rod andmounted near the anti-

node of the magnetic field of the TE102 mode.
We also apply a local static field Bstatic e 0:29 T,
which makes the YIG sphere a single-domain
ferromagnet (fig. S1). The sphere now has an
enormous magnetic dipole moment NmB, which
couples strongly to the magnetic field of the
cavity mode. The large enhancement factor
N ¼ 1:4" 1018 is the number of the net electron
spins in the sphere; we take advantage of the
high spin density compared to that of previously
studied paramagnetic systems. We perform a
series of spectroscopic measurements in a dilu-
tion refrigerator at T = 10 mK. All the data are
taken in the quantum regime, where very few
thermally excited photons and magnons exist.
The average probe-photon number in the cavity
is also kept below one. To characterize the cou-
pling between the magnon and the photon, we
perform spectroscopy with the qubit frequency
far detuned. Figure 1B shows the normal-mode
splitting between the TE102 mode and the Kittel
mode in the YIG sphere. The pronounced anti-
crossing indicates the strong coupling between
the two systems (7). We obtain the coupling
strength, gm=2p = 21.0 MHz, and the linewidths
of the TE102 and Kittel modes, k102=2p = 2.5 MHz
and gm=2p = 1.4 MHz, from the fit. The addi-
tional splitting seen in the upper branch origi-
nates from another magnetostatic mode, which
is detuned from the Kittel mode.
Whereas the qubit and the magnon electri-

cally and magnetically couple to the cavity mode,
respectively, they have a negligibly small direct
interaction in between. Therefore, we first es-
tablish a static coupling scheme between the
magnon and the qubit by using the presence
of the cavity mode (Fig. 2A) (22). We tune the
qubit and the magnon frequencies, wq and wFMR,
while both are far detuned from the cavity fre-
quency wcð≡w102). When wq ≃ wFMR, coherent
exchange of the qubit excitation and a magnon
is mediated by the virtual-photon excitation in
the cavity mode. The interaction is described by
a Jaynes-Cummings-type Hamiltonian, which is
written as

Hqm;s=ℏ ¼ gqm;s s

ˇ

þc

ˇ

þ g%qm;ss

ˇ

−c

ˇ

† ð1Þ

where gqm;s ¼ gqgm=D is the effective qubit-
magnon coupling strength, and s

ˇ

−½¼ ðs

ˇ

þÞ†( and
c

ˇ

are annihilation operators of the qubit ex-
citation and the magnon, respectively. The de-
tuning D is the difference between the bare
frequencies of the qubit and the cavity mode
(21). The first and the second excited states of
the hybridized system are bonding and anti-
bonding states between the qubit and the mag-
non excitation.
To demonstrate the qubit-magnon coupling,

we performqubit excitation spectroscopy by using
the qubit readout through the cavity TE103 mode.
Despite the large detuning, the TE103 mode at
w103=2p ¼ 10:461 GHz is subject to a dispersive
frequency shift: The change in the cavity reflec-
tion coefficient, Re(Dr), at w103 reflects the qubit
state. Figure 2B shows Re(Dr) as a function of the
excitation microwave frequency and the static
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the spectral lines at the anticrossing; (iii) the limited
filtering in the microwave measurement setup allowed
thermal excitations of magnons and photons in the sample.
The present work resolves all these issues as discussed
below. A nearly uniform microwave field in the large cavity
volume, combined with the selection of a spherical sample,
suppresses the coupling to other magnetostatic modes
because of their symmetry. Meanwhile, the high spin
density of YIG and the large volume of the sphere lead
to an enormous magnetic-dipole coupling strength between
the Kittel mode and the cavity mode, namely, two harmonic
oscillators. Normal-mode splitting with the cavity mode is
clearly observed even in the quantum regime where both
the average numbers of thermally excited magnons and
photons are nearly zero and that of the probe microwave
photons in the cavity is less than one.
Our experimental setup is shown in Fig. 1. The cavity

made of oxygen free copper has the fundamental-mode
(TE101) frequency ωc=2π of 10.565 GHz, and its internal
cavity loss κint=2π is about 1.0 MHz at low temperature.
This cavity has two connector ports for the transmission
spectroscopy; an asymmetric port configuration is used
where input and output ports have different coupling
strengths κ1=2π and κ2=2π of 0.13 and 1.5 MHz, respec-
tively. An YIG sphere made by Ferrisphere Inc. [20] is

mounted in the cavity at the magnetic antinode of the
fundamental mode. We apply a static magnetic field of
approximately 370 mT along the crystal axis h100i which
is the hard magnetization axis for YIG. The sample is
supposed to be uniformly magnetized and saturated.
We first measure the transmission spectrum of the cavity

loaded by an YIG sphere with a diameter of 0.5 mm.
Figure 2(a) shows the transmission coefficient ReðS21Þ as a
function of the frequency and the magnetic field tuned by
the bias current I in the coil. A pronounced normal-mode
splitting is observed, indicating strong coupling between a
collective excitation mode in the YIG sphere and the cavity
mode. We assign the mode in the sphere to the Kittel mode;
it gives the maximum coupling strength to the nearly
uniform cavity field and the frequency which is linearly
dependent on the static field. Although it is difficult to
recognize in Fig. 2(a), we also see a few hints of other tiny
anticrossings, for example, at I ¼ −1.6, 2.3, and 3.3 mA.
These are due to weak coupling of the cavity mode with
other magnetostatic modes in the YIG sphere, induced by
the small inhomogeneity of the magnetic fields. Several
cross sections of the 2D color plot are depicted in Fig. 2(b).
As a function of the magnetic field, the Kittel mode
approaches the cavity mode. At the degeneracy point
(I ≡ 0 mA) where the Kittel-mode frequency coincides
with the cavity frequency, we see the normal-mode splitting
of nearly 100 MHz, orders of magnitude wider than
the linewidths. At this point, the Kittel and cavity modes
form “magnon-polariton” modes, i.e., hybridized modes
between the collective spin excitation and the cavity
excitation.
We now evaluate the coupling strength and the cavity

and magnon linewidths by fitting the transmission coef-
ficient S21ðωÞ with an equation derived from the input-
output theory. The transmission coefficient of the hybrid
system is written as

S21ðωÞ ¼
ffiffiffiffiffiffiffiffiffi
κ1κ2

p

iðω − ωcÞ − κ1þκ2þκint
2 þ jgmj2

iðω−ωFMRÞ−γm=2

; ð1Þ

where gm is the coupling strength of the Kittel mode to the
cavity, and ωFMR and γm are the frequency and the line-
width of the Kittel mode, respectively. The input and output
port couplings of the cavity are determined separately by
measuring additionally the reflection of the cavity output.
As depicted by the dashed white lines in Fig. 2(b), the
spectra are well fitted with Eq. (1). The coupling strength of
the Kittel mode to the cavity gm=2π, the total cavity
linewidth κ=2π ¼ ðκ1 þ κ2 þ κintÞ=2π, and the Kittel-mode
linewidth γm=2π are determined as 47 MHz, 2.7 MHz, and
1.1 MHz, respectively. From the parameters, the hybrid
system turns out to be deep in the strong coupling regime
where gm ≫ γm, κ, even at the lowest temperature and with
the weakest probe power. A dimensionless measure which
indicates how well the spins couple to the cavity mode is
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FIG. 1 (color online). Experimental setup. (a) An YIG sphere
mounted in a rectangular cavity made of oxygen free copper. The
sphere is glued to an alumina (aluminum-oxide) rod oriented to
the crystal axis h110i. The inset is a magnified picture of a sphere
with a diameter of 1.0 mm. The cavity has two connector ports for
transmission spectroscopy and dimensions of 22 × 18 × 3 mm
that give the fundamental-mode (TE101) resonant frequency
ωc=2π of 10.565 GHz. (b) Measurement apparatus. The YIG
sphere, cavity, and magnet are cooled to 10 mK using a dilution
refrigerator. A series of attenuators and isolators prevent thermal
noise from reaching the sample space. The total attenuation of the
input port is 48 dB at 10 GHz. The output signal is amplified by
two low-noise amplifiers at 4 K and the room temperature. We
use a vector network analyzer (VNA) for transmission and
reflection spectroscopy. A static magnetic field perpendicular
to the microwave magnetic field and parallel to the crystal axis
h100i is applied by using permanent neodymium magnets and a
magnetic yoke made of pure iron. We use a superconducting coil
for fine tuning of the static field.
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Motivation:
magnon state as a quantum memory
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C
ommunication through optical fibers has rev-
olutionized the way people access informa-
tion and has given rise to the network of con-
nected computer nodes known as the internet.
The photons that traverse the fibers are also

nearly ideal carriers of quantum information: They
are easy to entangle in polarization, amplitude and
phase, or other degrees of freedom; they are easy to
detect; and they can propagate quickly over large
distances with little attenuation. Today physicists
are developing the technologies needed for a quan-
tum version of the information network, which
might be used for, among other applications, long-
distance cryptography, distributed quantum com-
puting, and remote sensing. 

Still in their infancy, the building blocks for

those ambitions include compact sources of entan-
gled pairs of single photons, efficient single-photon
detectors, and devices that are able to manipulate
the frequency and shape, both spatial and temporal,
of the coherent wavepackets carried by single pho-
tons from node to node (see the article by Michael
Raymer and Kartik Srinivasan, PHYSICS TODAY, No-
vember 2012, page 32). Quantum memories, another
key building block, would act as the nodes where
the photons—or rather, their quantum states—are
temporarily stored while the system completes some
other processing in the network. 

One can define a quantum memory as a station-
ary device that can take a fragile quantum state—in
our case, a quantum state encoded onto a single
photon—and preserve it in time. Because photons
can be lost en route through optical fibers, several
trials may be needed to successfully establish a link
between two nodes. And once established, the
quantum processes that may take place—a compu-
tation using a qubit logic gate, say—often do so

Mikael Afzelius and Nicolas Gisin lead the applied physics
group at the University of Geneva; Hugues de Riedmatten
is an ICREA Professor in quantum optics at the Institute of
Photonic Sciences in Barcelona, Spain.

Quantum memory for photons
The quantum state of a photon can be transferred to a single trapped 
atom or to a bunch of atoms in a gas or solid and CF stored for later 
release on demand. 
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is applied perpendicular to the plane of the WGM orbits.
A loop coil near the YIG sphere generates an ac magnetic
field perpendicular to the dc field and drives FMR. The
magnetization then acquires its horizontal component
rotating at the angular frequency of the Kittel mode.
Because of the finite loss, the microwave reflection picked
up by the loop coil shows a dip at the resonant frequency.
The resonant frequency and the quality factor are found to
be ωmag=2π ¼ 6.81 GHz and Q ∼ 3000, respectively.
Laser light with a wavelength of 1.5 μm from an ECDL

is introduced through a FPC and then coupled to the WGM
resonator via a tapered silica optical nanofiber, with a waist
diameter of about 700 nm and a waist length of around
4 mm. Figure 1(b) shows the transmission spectra for the
transverse-electric (TE) modes and the transverse-magnetic
(TM) modes. The rich structures in the spectra indicate that
there are various spatial modes within the FSR of 62.1 GHz.
For WGMs in the large sphere limit, frequencies of the TM
modes are known to be higher than those of the TE modes
with the same mode indices because of the geometrical
birefringence [22–24]. For the 750-μm-diameter sphere we

use, the difference is estimated to be 51.8 GHz, which is
consistent with the observed spectra in Fig. 1(b) [25]. The
intrinsic quality factors of the WGMs are found to be
around 1 × 105 when they are measured in the under-
coupled regime.
When the light propagates in the direction of the mean

magnetization in ferromagnets, the well-known Faraday
effect occurs. When, on the other hand, the mean mag-
netization is perpendicular to the direction of light propa-
gation, magnon-induced Brillouin scattering takes place
[26–28]. In the presence of magnons in the Kittel mode,
photons in the WGM undergo Brillouin scattering to create
sideband photons with the frequency shifted by "ωmag=2π.
A HWP and a PBS make the scattered sideband photons
and the unscattered input photons interfere to generate a
beat signal at ωmag=2π. The signal is amplified and
measured with a vector network analyzer.
The orange (light blue) plot in Fig. 2 shows the observed

spectrum of the beat signal for the input laser being the TM
mode and coupled to the anticlockwise (clockwise) orbit of
the WGM resonator. The frequency of the input photons is
tuned to be ω=2π ¼ 193130 GHz where the beat signal
associated with the anticlockwise orbit is maximized.
While both peaks in Fig. 2 have the same linewidth as
the FMR signal, there is a large difference in their signal
strengths of almost 20 dB.
The nonreciprocity of the magnon-induced Brillouin

scattering can be explained by considering the conservation
of energy, momentum, and angular momentum under the
situation in which the spin-orbit coupling of the photons
and the geometrical birefringence associated with the
WGM resonator are blended with the time-reversal sym-
metry breaking in the magnon dynamics.
Suppose that the input laser polarization is adjusted to

couple to the TM mode of the anticlockwise WGM orbit
(orange orbit in Fig. 2). The light in the resonator is then σþ

polarized due to the spin-orbit coupling [see Fig. 3(a)]. To
see why the Brillouin scattering is more noticeable in this
situation, we consider the following three points. (i) The

FIG. 1. Transmission through WGMs in a YIG sphere.
(a) Experimental setup. WGMs of the YIG sphere are addressed
with an optical nanofiber. Microwave radiation from a vector
network analyzer excites magnons, and ac and dc components of
the light intensity are monitored with a high-speed photodetector
(PD). The polarization of the light from an external-cavity diode
laser (ECDL) is adjusted by a fiber polarization controller (FPC).
A half-wave plate (HWP) and a polarization beam splitter (PBS)
are placed before the PD. The inset shows a picture of the YIG
sphere and the nanofiber. (b) Observed WGM spectra for the
750-μm-diameter YIG sphere. Red and blue lines correspond to
the TM and TE modes, respectively. The transmission signals are
normalized by their maximal values. The free spectral range
(FSR) and the estimated spectral shift due to the geometrical
birefringence (GB) are indicated.
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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âŜ

is applied perpendicular to the plane of the WGM orbits.
A loop coil near the YIG sphere generates an ac magnetic
field perpendicular to the dc field and drives FMR. The
magnetization then acquires its horizontal component
rotating at the angular frequency of the Kittel mode.
Because of the finite loss, the microwave reflection picked
up by the loop coil shows a dip at the resonant frequency.
The resonant frequency and the quality factor are found to
be ωmag=2π ¼ 6.81 GHz and Q ∼ 3000, respectively.
Laser light with a wavelength of 1.5 μm from an ECDL

is introduced through a FPC and then coupled to the WGM
resonator via a tapered silica optical nanofiber, with a waist
diameter of about 700 nm and a waist length of around
4 mm. Figure 1(b) shows the transmission spectra for the
transverse-electric (TE) modes and the transverse-magnetic
(TM) modes. The rich structures in the spectra indicate that
there are various spatial modes within the FSR of 62.1 GHz.
For WGMs in the large sphere limit, frequencies of the TM
modes are known to be higher than those of the TE modes
with the same mode indices because of the geometrical
birefringence [22–24]. For the 750-μm-diameter sphere we

use, the difference is estimated to be 51.8 GHz, which is
consistent with the observed spectra in Fig. 1(b) [25]. The
intrinsic quality factors of the WGMs are found to be
around 1 × 105 when they are measured in the under-
coupled regime.
When the light propagates in the direction of the mean

magnetization in ferromagnets, the well-known Faraday
effect occurs. When, on the other hand, the mean mag-
netization is perpendicular to the direction of light propa-
gation, magnon-induced Brillouin scattering takes place
[26–28]. In the presence of magnons in the Kittel mode,
photons in the WGM undergo Brillouin scattering to create
sideband photons with the frequency shifted by "ωmag=2π.
A HWP and a PBS make the scattered sideband photons
and the unscattered input photons interfere to generate a
beat signal at ωmag=2π. The signal is amplified and
measured with a vector network analyzer.
The orange (light blue) plot in Fig. 2 shows the observed

spectrum of the beat signal for the input laser being the TM
mode and coupled to the anticlockwise (clockwise) orbit of
the WGM resonator. The frequency of the input photons is
tuned to be ω=2π ¼ 193130 GHz where the beat signal
associated with the anticlockwise orbit is maximized.
While both peaks in Fig. 2 have the same linewidth as
the FMR signal, there is a large difference in their signal
strengths of almost 20 dB.
The nonreciprocity of the magnon-induced Brillouin

scattering can be explained by considering the conservation
of energy, momentum, and angular momentum under the
situation in which the spin-orbit coupling of the photons
and the geometrical birefringence associated with the
WGM resonator are blended with the time-reversal sym-
metry breaking in the magnon dynamics.
Suppose that the input laser polarization is adjusted to

couple to the TM mode of the anticlockwise WGM orbit
(orange orbit in Fig. 2). The light in the resonator is then σþ

polarized due to the spin-orbit coupling [see Fig. 3(a)]. To
see why the Brillouin scattering is more noticeable in this
situation, we consider the following three points. (i) The

FIG. 1. Transmission through WGMs in a YIG sphere.
(a) Experimental setup. WGMs of the YIG sphere are addressed
with an optical nanofiber. Microwave radiation from a vector
network analyzer excites magnons, and ac and dc components of
the light intensity are monitored with a high-speed photodetector
(PD). The polarization of the light from an external-cavity diode
laser (ECDL) is adjusted by a fiber polarization controller (FPC).
A half-wave plate (HWP) and a polarization beam splitter (PBS)
are placed before the PD. The inset shows a picture of the YIG
sphere and the nanofiber. (b) Observed WGM spectra for the
750-μm-diameter YIG sphere. Red and blue lines correspond to
the TM and TE modes, respectively. The transmission signals are
normalized by their maximal values. The free spectral range
(FSR) and the estimated spectral shift due to the geometrical
birefringence (GB) are indicated.
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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Optomagnonic coupling demonstrated
• Non-homogeneous magnon mode 
• Homogeneous ground state 
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Selection rules for cavity-enhanced Brillouin light scattering from magnetostatic modes

J. A. Haigh,1, ∗ N. J. Lambert,2 S. Sharma,3 Y. M. Blanter,3 G. E. W. Bauer,4, 3 and A. J. Ramsay1

1Hitachi Cambridge Laboratory, Cambridge, CB3 0HE, UK
2Cavendish Laboratory, University of Cambridge, Cambridge, CB3 0HE, UK

3Kavli Institute of NanoScience, Delft University of Technology, 2628 CJ Delft, The Netherlands
4Institute for Materials Research & WPI-AIMR & CSRN, Tohoku University, Sendai 980-8577, Japan

(Dated: April 4, 2018)

We experimentally identify the magnetostatic modes active for Brillouin light scattering in the optical whis-
pering gallery modes of a yttrium iron garnet sphere. Each mode is identified by magnetic field dispersion of
ferromagnetic-resonance spectroscopy and coupling strength to the known field distribution of the microwave
drive antenna. Our optical measurements confirm recent predictions that higher-order magnetostatic modes
can also generate optical scattering, according to the selection rules derived from the axial symmetry. From
this we summarize the selection rules for Brillouin light scattering. We give experimental evidence that the
optomagnonic coupling to non-uniform magnons can be higher than that of the uniform Kittel mode.

I. INTRODUCTION

Brillouin light scattering (BLS) is an important technique
for the study of magnons [1], the elementary excitations of
the magnetic order in ferromagnets [2] and antiferromagnets
[3]. The energy and wavevector sensitivity of the technique
allows, for example, mapping of dispersion relations [4], in-
cluding with spatial resolution [5]. As an experimental tool,
BLS is typically used as a probe of magnetization dynamics,
which are often excited by some other external stimulus.

In contrast, there is recent interest in taking magnon BLS
to a new regime, in which the optical fields and magnetization
dynamics are sufficiently strongly coupled that they cannot be
treated independently. This is akin to the strong parametric
coupling limit in optomechanics [6], but with the mechani-
cal harmonic oscillator replaced by a magnetic one. While
strong coupling of magnons to GHz microwave-cavity pho-
tons is readily achieved [7–9], similar levels of coupling to
optical photons is more difficult to achieve. Efforts have fo-
cused on enhancing BLS in magneto-optical resonators [10–
12], exploiting the highly confined optical whispering gallery
mode (WGM) resonances of polished ferrimagnetic yttrium
iron garnet spheres [13]. In these experiments, a BLS en-
hancement is indeed observed [12], and theoretical calcula-
tions show that, in a different geometry, strong coupling can
in principle be reached [14].

Experiments so far have focused on the Kittel mode, in
which the magnetization precesses uniformly across the entire
sphere. However, a recent theoretical analysis [15] showed
that the enhanced BLS should be large for some spatially vary-
ing magnetic modes as well. Due to better spatial overlap
with WGMs, these could be expected to have stronger opto-
magnonic coupling.

Here, we report experiments to detect and identify the BLS
active magnetostatic modes in YIG spheres. These modes can
be specified by selection rules given by the axial symmetry of
the optical and magnetic modes involved in the scattering.

∗ jh877@cam.ac.uk

a) c)

f)d)

b)
M0

e)

{110}

g) i){200} h) {712}

Figure 1. Spatial variation of (a) an optical WGM and (b-i) dynamic
magnetization modes of a yig sphere. The labels above the spheres
are the angular momentum and radial mode numbers {l, m, q} (with
subscript m for magnetic modes, see text). (a) The in-phase intensity
of the electric field for an optical WGM with l = m = 200 (in
the actual experiment, l,m ∼ 1000). (b-i) The color indicates the
intensity of the dynamic magnetization, while arrows indicate the in-
phase direction. Negative mode indices are indicated by an over-bar.
The static magnetization M0 is indicated in (b).

The modes of interest in this paper, both optical and mag-
netic, are defined by the symmetry of the yttrium iron gar-
net sphere. The optical WGMs are specified by a set of in-
dices {l,m, q} and σ. These indices give the number of radial
(q − 1), azimuthal m, and polar (l − m) nodes in the elec-
tric field [16]. The linear polarization σ of the WGM is either
horizontal h or vertical v w.r.t. the WGM orbit plane, also
known as transverse magnetic (TM) and transverse electric
(TE), respectively. There is a frequency splitting between h
and v polarized modes due to the symmetry breaking associ-

J.A. Haigh et al, Arxiv:1804.00965v1 (2018)
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Brillouin light scattering by magnetic quasi-vortices in cavity optomagnonics

A. Osada,1, ∗ A. Gloppe,1 R. Hisatomi,1 A. Noguchi,1 R. Yamazaki,1 M. Nomura,2 Y. Nakamura,1, 3 and K. Usami1, †

1Research Center for Advanced Science and Technology (RCAST),
The University of Tokyo, Meguro-ku, Tokyo 153-8904, Japan

2Institute of Industrial Science (IIS), The University of Tokyo, Meguro-ku, Tokyo 153-8505, Japan
3Center for Emergent Matter Science (CEMS), RIKEN, Wako, Saitama 351-0198, Japan

(Dated: November 28, 2017)

A ferromagnetic sphere can support optical vortices in forms of whispering gallery modes and
magnetic quasi-vortices in forms of magnetostatic modes with non-trivial spin textures. These
vortices can be characterized by their orbital angular momenta. We experimentally investigate
Brillouin scattering of photons in the whispering gallery modes by magnons in the magnetostatic
modes, zeroing in on the exchange of the orbital angular momenta between the optical vortices and
the magnetic quasi-vortices. We find that the conservation of the orbital angular momentum results
in different nonreciprocal behaviors in the Brillouin light scattering. New avenues for chiral optics
and opto-spintronics can be opened up by taking the orbital angular momenta as a new degree of
freedom for cavity optomagnonics.

PACS numbers:

Vortex-like excitations, which can be characterized by
a topological charge, or an orbital angular momentum
(OAM), have been intensively studied in the past decades
and are still a hot topic in both scientific and technolog-
ical context. Optical vortex [1], for instance, is utilized
for manipulating microparticles [2] and atoms [3, 4], for
OAM multiplexing in telecommunication [5], and encod-
ing quantum information [6, 7]. In the condensed mat-
ter research, spin textures in spin systems, that is, mag-
netic vortices, have been and still are a focus in the con-
text of magnetic domain walls [8] as well as magnetic
skyrmions [9], e.g., in the scope of using them for infor-
mation storage.
Interaction between optical vortices and magnetic vor-

tices is expected to show novel physics owing to the ex-
change of the OAM. A system providing a platform for
such an interaction is a ferromagnetic sphere, supporting
both optical whispering gallery modes (WGMs) [10] for
photons and magnetostatic (Walker) modes [11, 12] for
magnons. We refer to the WGMs as optical vortices and
the Walker modes as magnetic quasi-vortices, where the
prefix “quasi-” emphasizes the facts that 1) magnon is a
quasi-particle with a finite lifetime and 2) OAM for the
Walker mode are approximately well-defined because of
the axial-symmetry-broken dipolar interaction [13].
An emerging field called cavity optomagnonics aim-

ing at enhancing magnon-induced Brillouin light scat-
tering [14–20] takes place in such a platform. Up to now,
the magnetostatic modes used in the experiments of cav-
ity optomagnonics [14–17] remain limited to the uniform
precession mode, or the Kittel mode, having no OAM,
which has also been utilized for experiments on the circuit
quantum magnonics [21–26] as well as for the coherent
conversion between microwave and optical photons [27].
In this Letter, the Brillouin light scattering hosted in a

ferromagnetic sphere is experimentally investigated with
a special emphasis on the magnetostatic modes involving

FIG. 1. (a) Transverse magnetization distributions of (1, 1, 0),
(3, 1̄, 1), (3, 1, 1) and (4, 0, 1) Walker modes in the equatorial
plane. (b) Schematic representations of the heads of the elec-
tric fields of TE and TM WGMs on the equatorial plane.
These illustrate the difference of OAM for the TE WGM, the
inner component of TM WGM and the outer component of
the TM WGM for the case of m = 10. The hollow circles lo-
cate points where the field vectors direct upward for the ease
of counting the numbers of the phase rotations in Cartesian
coordinates.

magnetic quasi-vortices. The experiments reveal that the
scattering is either nonreciprocal or reciprocal depend-
ing on the OAM of the magnons. We analyze the re-
sults with the theory developed in the accompanying pa-
per [13] and find reasonable agreements. The OAM can
thus be considered as a new degree of freedom in cav-
ity optomagnonics, providing a new approach to chiral
quantum optics [28] and topological photonics [29, 30].

Let us first describe the characteristics of the Walker
modes and the WGMs in terms of OAM. Henceforth,
we shall suppose that the symmetry axis is z-axis along
which a static magnetic field is applied, perpendicular
to the plane of the WGM orbit. The Walker modes are

A. Osada et al, PRL 120, 123602 (2018)
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is applied perpendicular to the plane of the WGM orbits.
A loop coil near the YIG sphere generates an ac magnetic
field perpendicular to the dc field and drives FMR. The
magnetization then acquires its horizontal component
rotating at the angular frequency of the Kittel mode.
Because of the finite loss, the microwave reflection picked
up by the loop coil shows a dip at the resonant frequency.
The resonant frequency and the quality factor are found to
be ωmag=2π ¼ 6.81 GHz and Q ∼ 3000, respectively.
Laser light with a wavelength of 1.5 μm from an ECDL

is introduced through a FPC and then coupled to the WGM
resonator via a tapered silica optical nanofiber, with a waist
diameter of about 700 nm and a waist length of around
4 mm. Figure 1(b) shows the transmission spectra for the
transverse-electric (TE) modes and the transverse-magnetic
(TM) modes. The rich structures in the spectra indicate that
there are various spatial modes within the FSR of 62.1 GHz.
For WGMs in the large sphere limit, frequencies of the TM
modes are known to be higher than those of the TE modes
with the same mode indices because of the geometrical
birefringence [22–24]. For the 750-μm-diameter sphere we

use, the difference is estimated to be 51.8 GHz, which is
consistent with the observed spectra in Fig. 1(b) [25]. The
intrinsic quality factors of the WGMs are found to be
around 1 × 105 when they are measured in the under-
coupled regime.
When the light propagates in the direction of the mean

magnetization in ferromagnets, the well-known Faraday
effect occurs. When, on the other hand, the mean mag-
netization is perpendicular to the direction of light propa-
gation, magnon-induced Brillouin scattering takes place
[26–28]. In the presence of magnons in the Kittel mode,
photons in the WGM undergo Brillouin scattering to create
sideband photons with the frequency shifted by "ωmag=2π.
A HWP and a PBS make the scattered sideband photons
and the unscattered input photons interfere to generate a
beat signal at ωmag=2π. The signal is amplified and
measured with a vector network analyzer.
The orange (light blue) plot in Fig. 2 shows the observed

spectrum of the beat signal for the input laser being the TM
mode and coupled to the anticlockwise (clockwise) orbit of
the WGM resonator. The frequency of the input photons is
tuned to be ω=2π ¼ 193130 GHz where the beat signal
associated with the anticlockwise orbit is maximized.
While both peaks in Fig. 2 have the same linewidth as
the FMR signal, there is a large difference in their signal
strengths of almost 20 dB.
The nonreciprocity of the magnon-induced Brillouin

scattering can be explained by considering the conservation
of energy, momentum, and angular momentum under the
situation in which the spin-orbit coupling of the photons
and the geometrical birefringence associated with the
WGM resonator are blended with the time-reversal sym-
metry breaking in the magnon dynamics.
Suppose that the input laser polarization is adjusted to

couple to the TM mode of the anticlockwise WGM orbit
(orange orbit in Fig. 2). The light in the resonator is then σþ

polarized due to the spin-orbit coupling [see Fig. 3(a)]. To
see why the Brillouin scattering is more noticeable in this
situation, we consider the following three points. (i) The

FIG. 1. Transmission through WGMs in a YIG sphere.
(a) Experimental setup. WGMs of the YIG sphere are addressed
with an optical nanofiber. Microwave radiation from a vector
network analyzer excites magnons, and ac and dc components of
the light intensity are monitored with a high-speed photodetector
(PD). The polarization of the light from an external-cavity diode
laser (ECDL) is adjusted by a fiber polarization controller (FPC).
A half-wave plate (HWP) and a polarization beam splitter (PBS)
are placed before the PD. The inset shows a picture of the YIG
sphere and the nanofiber. (b) Observed WGM spectra for the
750-μm-diameter YIG sphere. Red and blue lines correspond to
the TM and TE modes, respectively. The transmission signals are
normalized by their maximal values. The free spectral range
(FSR) and the estimated spectral shift due to the geometrical
birefringence (GB) are indicated.
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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is applied perpendicular to the plane of the WGM orbits.
A loop coil near the YIG sphere generates an ac magnetic
field perpendicular to the dc field and drives FMR. The
magnetization then acquires its horizontal component
rotating at the angular frequency of the Kittel mode.
Because of the finite loss, the microwave reflection picked
up by the loop coil shows a dip at the resonant frequency.
The resonant frequency and the quality factor are found to
be ωmag=2π ¼ 6.81 GHz and Q ∼ 3000, respectively.
Laser light with a wavelength of 1.5 μm from an ECDL

is introduced through a FPC and then coupled to the WGM
resonator via a tapered silica optical nanofiber, with a waist
diameter of about 700 nm and a waist length of around
4 mm. Figure 1(b) shows the transmission spectra for the
transverse-electric (TE) modes and the transverse-magnetic
(TM) modes. The rich structures in the spectra indicate that
there are various spatial modes within the FSR of 62.1 GHz.
For WGMs in the large sphere limit, frequencies of the TM
modes are known to be higher than those of the TE modes
with the same mode indices because of the geometrical
birefringence [22–24]. For the 750-μm-diameter sphere we

use, the difference is estimated to be 51.8 GHz, which is
consistent with the observed spectra in Fig. 1(b) [25]. The
intrinsic quality factors of the WGMs are found to be
around 1 × 105 when they are measured in the under-
coupled regime.
When the light propagates in the direction of the mean

magnetization in ferromagnets, the well-known Faraday
effect occurs. When, on the other hand, the mean mag-
netization is perpendicular to the direction of light propa-
gation, magnon-induced Brillouin scattering takes place
[26–28]. In the presence of magnons in the Kittel mode,
photons in the WGM undergo Brillouin scattering to create
sideband photons with the frequency shifted by "ωmag=2π.
A HWP and a PBS make the scattered sideband photons
and the unscattered input photons interfere to generate a
beat signal at ωmag=2π. The signal is amplified and
measured with a vector network analyzer.
The orange (light blue) plot in Fig. 2 shows the observed

spectrum of the beat signal for the input laser being the TM
mode and coupled to the anticlockwise (clockwise) orbit of
the WGM resonator. The frequency of the input photons is
tuned to be ω=2π ¼ 193130 GHz where the beat signal
associated with the anticlockwise orbit is maximized.
While both peaks in Fig. 2 have the same linewidth as
the FMR signal, there is a large difference in their signal
strengths of almost 20 dB.
The nonreciprocity of the magnon-induced Brillouin

scattering can be explained by considering the conservation
of energy, momentum, and angular momentum under the
situation in which the spin-orbit coupling of the photons
and the geometrical birefringence associated with the
WGM resonator are blended with the time-reversal sym-
metry breaking in the magnon dynamics.
Suppose that the input laser polarization is adjusted to

couple to the TM mode of the anticlockwise WGM orbit
(orange orbit in Fig. 2). The light in the resonator is then σþ

polarized due to the spin-orbit coupling [see Fig. 3(a)]. To
see why the Brillouin scattering is more noticeable in this
situation, we consider the following three points. (i) The

FIG. 1. Transmission through WGMs in a YIG sphere.
(a) Experimental setup. WGMs of the YIG sphere are addressed
with an optical nanofiber. Microwave radiation from a vector
network analyzer excites magnons, and ac and dc components of
the light intensity are monitored with a high-speed photodetector
(PD). The polarization of the light from an external-cavity diode
laser (ECDL) is adjusted by a fiber polarization controller (FPC).
A half-wave plate (HWP) and a polarization beam splitter (PBS)
are placed before the PD. The inset shows a picture of the YIG
sphere and the nanofiber. (b) Observed WGM spectra for the
750-μm-diameter YIG sphere. Red and blue lines correspond to
the TM and TE modes, respectively. The transmission signals are
normalized by their maximal values. The free spectral range
(FSR) and the estimated spectral shift due to the geometrical
birefringence (GB) are indicated.
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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2.1. Magnetics – Spin waves

Spin system with 
one flipped spin

Macrospin

≙

Figure 2.4.: Excited Kittel mode.
Note: Here one particular spin is flipped, in reality this flipped spin is
distributed over the whole sample.

Strictly speaking, equation 2.1 only represents the lossless form of the Landau-Lifshitz
equation without dissipation. Since this is rather unphysical, one can insert a phe-
nomenological damping and dissipation term [5], which leads to the Landau-Lifshitz-
Gilbert equation

d ~M

dt
= �� ~M ⇥ ~Be↵ + ↵ ~M ⇥

d ~M

dt
(2.2)

with ↵ the damping constant. This equation describes a damped precession movement
of the magnetization ~M after an excitation, which leads to a helical orbit around ~Be↵

(Fig. 2.1 (b)).

(a) (b)

�M�M

�Be�
�Be�

�M ⇥
d �M

dt

� �M ⇥ �Be�

Figure 2.5.: (a) Lossless Larmor precession. (b) Damped Larmor precession. [5]

We conclude this section by mentioning that magnetic materials exhibit a variety of
magnon modes, not only homogeneous modes like the Kittel mode. For example a small
magnetic disk can exhibit a magnetic texture of a so-called vortex, which gives rise to
much more interesting magnon modes as we will see in the following chapters.

5

2.2. Optics – Whispering gallery modes

and the interference maxima of the electric field vary with m.
Finally we discuss shortly the TE case, where | (', r)| represents the absolute value of
the magnetic field. Since these modes are showing the same behavior as the TM modes
we only focus on the modes with p = 1. As we see in figure 2.9 the modes look a bit
di↵erent since they are more confined to the disk.

1µm1µm
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140MHz

m10p1

153MHz

Figure 2.8.: TM whispering gallery modes for p = 1 (only cos solution).

1µm

m12p1

153MHz

m11p1
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Figure 2.9.: TE whispering gallery modes for p = 1 (only cos solution).

In the simulation sections the above evaluated analytical results, which are strictly speak-
ing only valid for an infinite cylinder, are compared to the numerical results for a finite
disk, where no analytical solution is calculable. However the analytical results can be
used as a valid approximation for thin dielectric cavities if one introduces the e↵ective
refractive index mentioned above.
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Vortex in a micro disk

is applied perpendicular to the plane of the WGM orbits.
A loop coil near the YIG sphere generates an ac magnetic
field perpendicular to the dc field and drives FMR. The
magnetization then acquires its horizontal component
rotating at the angular frequency of the Kittel mode.
Because of the finite loss, the microwave reflection picked
up by the loop coil shows a dip at the resonant frequency.
The resonant frequency and the quality factor are found to
be ωmag=2π ¼ 6.81 GHz and Q ∼ 3000, respectively.
Laser light with a wavelength of 1.5 μm from an ECDL

is introduced through a FPC and then coupled to the WGM
resonator via a tapered silica optical nanofiber, with a waist
diameter of about 700 nm and a waist length of around
4 mm. Figure 1(b) shows the transmission spectra for the
transverse-electric (TE) modes and the transverse-magnetic
(TM) modes. The rich structures in the spectra indicate that
there are various spatial modes within the FSR of 62.1 GHz.
For WGMs in the large sphere limit, frequencies of the TM
modes are known to be higher than those of the TE modes
with the same mode indices because of the geometrical
birefringence [22–24]. For the 750-μm-diameter sphere we

use, the difference is estimated to be 51.8 GHz, which is
consistent with the observed spectra in Fig. 1(b) [25]. The
intrinsic quality factors of the WGMs are found to be
around 1 × 105 when they are measured in the under-
coupled regime.
When the light propagates in the direction of the mean

magnetization in ferromagnets, the well-known Faraday
effect occurs. When, on the other hand, the mean mag-
netization is perpendicular to the direction of light propa-
gation, magnon-induced Brillouin scattering takes place
[26–28]. In the presence of magnons in the Kittel mode,
photons in the WGM undergo Brillouin scattering to create
sideband photons with the frequency shifted by "ωmag=2π.
A HWP and a PBS make the scattered sideband photons
and the unscattered input photons interfere to generate a
beat signal at ωmag=2π. The signal is amplified and
measured with a vector network analyzer.
The orange (light blue) plot in Fig. 2 shows the observed

spectrum of the beat signal for the input laser being the TM
mode and coupled to the anticlockwise (clockwise) orbit of
the WGM resonator. The frequency of the input photons is
tuned to be ω=2π ¼ 193130 GHz where the beat signal
associated with the anticlockwise orbit is maximized.
While both peaks in Fig. 2 have the same linewidth as
the FMR signal, there is a large difference in their signal
strengths of almost 20 dB.
The nonreciprocity of the magnon-induced Brillouin

scattering can be explained by considering the conservation
of energy, momentum, and angular momentum under the
situation in which the spin-orbit coupling of the photons
and the geometrical birefringence associated with the
WGM resonator are blended with the time-reversal sym-
metry breaking in the magnon dynamics.
Suppose that the input laser polarization is adjusted to

couple to the TM mode of the anticlockwise WGM orbit
(orange orbit in Fig. 2). The light in the resonator is then σþ

polarized due to the spin-orbit coupling [see Fig. 3(a)]. To
see why the Brillouin scattering is more noticeable in this
situation, we consider the following three points. (i) The

FIG. 1. Transmission through WGMs in a YIG sphere.
(a) Experimental setup. WGMs of the YIG sphere are addressed
with an optical nanofiber. Microwave radiation from a vector
network analyzer excites magnons, and ac and dc components of
the light intensity are monitored with a high-speed photodetector
(PD). The polarization of the light from an external-cavity diode
laser (ECDL) is adjusted by a fiber polarization controller (FPC).
A half-wave plate (HWP) and a polarization beam splitter (PBS)
are placed before the PD. The inset shows a picture of the YIG
sphere and the nanofiber. (b) Observed WGM spectra for the
750-μm-diameter YIG sphere. Red and blue lines correspond to
the TM and TE modes, respectively. The transmission signals are
normalized by their maximal values. The free spectral range
(FSR) and the estimated spectral shift due to the geometrical
birefringence (GB) are indicated.
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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were taken in air at ambient temperature. An
MFM image of an array of 3 ! 3 dots of
permalloy 1 "m in diameter and 50 nm thick
is shown in Fig. 2. For a thin film of permal-
loy, the magnetic easy axis typically has an
in-plane orientation. If a permalloy dot has
a single domain structure or shows a do-
main pattern, in MFM a pair of magnetic
poles reflected by a dark and white contrast
should be observed in either case. In fact,
the image shows a clearly contrasted spot at
the center of each dot. It is suggested that
each dot has a curling magnetic structure
and the spots observed at the center of the
dots correspond to the area where the mag-
netization is aligned parallel to the plane
normal. However, the direction of the mag-
netization at the center seems to turn ran-

domly, either up or down, as reflected by
the different contrast of the center spots. This
seems to be reasonable, as up- and down-mag-
netizations are energetically equivalent without
an external applied field and do not depend on
the vortex orientation (clockwise or counter-
clockwise). The image shows simultaneously
that the dot structures are of high quality and
that the anisotropy effective in each dot is neg-
ligibly small, which is a necessary condition to
realize a curling magnetic structure. (The spots
in Fig. 2 around the circumference of each dot
are artifacts caused by the surface profile, main-
ly resulting from unremoved fractions of the
resist layer.)

MFM scans were also taken for an en-
semble of permalloy dots with varying di-
ameters, nominally from 0.1 to 1 "m (Fig.
3). These images were taken after applying
an external field of 1.5 T along an in-plane
direction (Fig. 3A) and parallel to the plane
normal (Fig. 3B). For dots larger than 0.3
"m in diameter, a contrast spot at the center
of each dot can be distinguished, and thus
the existence of vortices with a core of
perpendicular magnetization is confirmed.
Again, the two types of vortex core with
up- and down-magnetization are observed
(Fig. 3A). In contrast, after applying an
external field parallel to the plane normal,
all center spots exhibit the same contrast
(Fig. 3B), indicating that all the vortex core
magnetizations have been oriented into the
field direction.

From the above results, there is no doubt
that the contrast spots observed at the center
of each permalloy dot correspond to the
turned-up magnetization of a vortex core.
Although the vortex core is almost exactly
located at the center of the dot, its real diam-
eter cannot be estimated from the contrast
spot observed by MFM, as this is below the
lateral resolution power of this technique. To
resolve a vortex core by MFM, it is necessary
to pin the position of the core so that it is not
affected by a stray field from the tip. In the
experiments reported above, the vortex cores
apparently have been so stable that a clear
contrast appears in the MFM imaging pro-
cess. Magnetic vortices are novel nanoscale
magnetic systems, and it will be of great
importance in the near future to study the
dynamical behavior of turned-up and turned-
down magnetizations, that is, fluctuations of
the vortex cores.
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Fig. 1. Monte Carlo simulation for a
ferromagnetic Heisenberg spin struc-
ture comprising 32 ! 32 ! 8 spins
[courtesy of Ohshima et al. (2)]. (A) Top
surface layer. (B) Cross-section view
through the center. Beside the center,
the spins are oriented almost perpen-
dicular to the drawing plane, jutting out
of the plane to the right and into the
plane to the left, respectively. These
figures represent snapshots of the fluc-
tuating spin structure and are therefore
not symmetric with respect to the cen-
ter. The structure should become sym-
metric by time averaging.

Fig. 2. MFM image of an array of permalloy
dots 1 "m in diameter and 50 nm thick.

A B

Fig. 3. MFM image of an ensemble of 50-nm-thick permalloy dots with diameters varying from 0.1
to 1 "m after applying an external field of 1.5 T along an in-plane direction (A) and parallel to the
plane normal (B).
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circularly polarized X-rays, we can exploit X-ray magnetic circular 
 dichroism (XMCD), which is sensitive to the component of the mag-
netization parallel to the X-ray beam26. A two-dimensional XMCD 
projection of the pillar (Fig. 1c) already gives an indication that the 
internal magnetic structure is complex. We next perform magnetic 
vector tomography to elucidate the details of the three-dimensional 
internal structure at the nanoscale.

Experimentally, magnetic tomography is performed as shown in Fig. 1a  
to determine the as-grown magnetization state of the sample. For each 
axis of rotation, two-dimensional absorption images are recorded using 
circular left polarized X-rays27 with hard-X-ray dichroic ptychography22 

for 512 different orientations distributed over 360° with equal angular 
spacing (see Fig. 1b). The details of the tomographic reconstruction 
and calculations of the spatial resolution are described in Methods. 
The  spatial resolution was found to range between 97 nm and 127 nm, 
depending on the direction or plane considered. The direction depend-
ence of the spatial resolution is a result of the my  component—that is, 
the component of the  magnetization along the long axis of the pillar—
receiving effectively less flux owing to the experimental geometry. This 
estimate of the spatial resolution was confirmed by the fact that we can 
resolve a magnetic vortex from an antivortex in the x–z plane with a 
separation of 126 nm (see Methods subsection ‘Spatial resolution’).

x

y

a

0.1

0.05

0

–0.1

–0.05

0.0

1.2

0.4

0.8

b

c

Circularly
polarized
X-rays

Optics

0° 30°

A
bsorption

XM
C

D
,   edge
Δ

Figure 1 | X-ray magnetic tomography. a, Schematic of setup with 
circularly polarized X-rays incident on the sample. Ptychographic scans 
are performed whereby the diffraction pattern is measured in the far field 
at several sample positions in the x–y plane with mutually overlapping 
illumination. To have access to all three components of the magnetization, 
tomographic data are collected for two axes of rotation (see insets showing 
the GdCo2 pillar, of diameter 5 µ m, showing tilt angles θ =  0° and 30°).  

b, A ptychographic reconstruction of the absorption measured with 
a single circular polarization contains both electronic and magnetic 
contrast. c, A purely magnetic image can be obtained by taking the 
difference between images recorded with left and right circularly polarized 
light and is given as a factor of the difference in absorption across the 
absorption edge, ∆edge (see Methods)22. Scale bars in b and c represent  
2 µ m.
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Figure 2 | Axial tomographic slice of the reconstructed magnetization 
vector field. a, A section taken perpendicular to the long axis of the 
cylindrical sample is shown, in which the streamlines represent the x–z 
components of the magnetization and different magnetic structures can 
be identified. There are anticlockwise vortices, such as (i) and (iii), a 
clockwise vortex (iv), and antivortices, such as (ii), which occur between 

two vortices with the same vorticity. b, c, The three-dimensional magnetic 
nanostructure of vortex (i) and antivortex (ii), respectively, is shown in 
more detail. A section of a cross-tie wall consisting of a succession of 
vortex and antivortex structures is indicated by the dashed white line in a. 
Scale bars represent 1 µ m in a and 300 nm in b and c.
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circularly polarized X-rays, we can exploit X-ray magnetic circular 
 dichroism (XMCD), which is sensitive to the component of the mag-
netization parallel to the X-ray beam26. A two-dimensional XMCD 
projection of the pillar (Fig. 1c) already gives an indication that the 
internal magnetic structure is complex. We next perform magnetic 
vector tomography to elucidate the details of the three-dimensional 
internal structure at the nanoscale.
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to determine the as-grown magnetization state of the sample. For each 
axis of rotation, two-dimensional absorption images are recorded using 
circular left polarized X-rays27 with hard-X-ray dichroic ptychography22 

for 512 different orientations distributed over 360° with equal angular 
spacing (see Fig. 1b). The details of the tomographic reconstruction 
and calculations of the spatial resolution are described in Methods. 
The  spatial resolution was found to range between 97 nm and 127 nm, 
depending on the direction or plane considered. The direction depend-
ence of the spatial resolution is a result of the my  component—that is, 
the component of the  magnetization along the long axis of the pillar—
receiving effectively less flux owing to the experimental geometry. This 
estimate of the spatial resolution was confirmed by the fact that we can 
resolve a magnetic vortex from an antivortex in the x–z plane with a 
separation of 126 nm (see Methods subsection ‘Spatial resolution’).
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circularly polarized X-rays incident on the sample. Ptychographic scans 
are performed whereby the diffraction pattern is measured in the far field 
at several sample positions in the x–y plane with mutually overlapping 
illumination. To have access to all three components of the magnetization, 
tomographic data are collected for two axes of rotation (see insets showing 
the GdCo2 pillar, of diameter 5 µ m, showing tilt angles θ =  0° and 30°).  

b, A ptychographic reconstruction of the absorption measured with 
a single circular polarization contains both electronic and magnetic 
contrast. c, A purely magnetic image can be obtained by taking the 
difference between images recorded with left and right circularly polarized 
light and is given as a factor of the difference in absorption across the 
absorption edge, ∆edge (see Methods)22. Scale bars in b and c represent  
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Figure 2 | Axial tomographic slice of the reconstructed magnetization 
vector field. a, A section taken perpendicular to the long axis of the 
cylindrical sample is shown, in which the streamlines represent the x–z 
components of the magnetization and different magnetic structures can 
be identified. There are anticlockwise vortices, such as (i) and (iii), a 
clockwise vortex (iv), and antivortices, such as (ii), which occur between 

two vortices with the same vorticity. b, c, The three-dimensional magnetic 
nanostructure of vortex (i) and antivortex (ii), respectively, is shown in 
more detail. A section of a cross-tie wall consisting of a succession of 
vortex and antivortex structures is indicated by the dashed white line in a. 
Scale bars represent 1 µ m in a and 300 nm in b and c.
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To understand the complex magnetization distribution, we first 
 consider axial slices of the pillar: a 40 nm-thick slice is presented in 
Fig. 2a with the direction of the magnetization in the x–z plane rep-
resented using streamlines whose colour indicates the y component 
of the magnetization (along the long axis of the pillar). The magnetic 
configuration contains several inhomogeneous structures, which 
are  magnetostatically favoured despite the resulting increase in the 
exchange energy. In particular, there is a dense arrangement of  magnetic 
vortices with both negative and positive  vorticities (corresponding to 
the clockwise and anticlockwise curling of the  magnetization). The 
structure of the anticlockwise vortex (i) is shown in detail in Fig. 2b. 
Between  vortices with opposite vorticities, such as (i) and (iv), the mag-
netization is almost uniform, whereas between vortices with identical 
vorticities, such as (i) and (iii), the magnetization is inhomogeneous, 
leading to the formation of antivortices. The detailed magnetic con-
figuration of the antivortex (ii) can be seen in Fig. 2c. The succession 
of vortex and antivortex structures gives rise to a cross-tie wall across 
the pillar (a section of which is indicated by the dashed line in Fig. 2a).  
This cross-tie wall separates regions of opposite magnetization in the 
plane of the tomographic slice. Unlike in magnetic thin films, the mag-
netic structures in the bulk are not confined to a single plane. Instead 
they display a non-zero magnetization component along the axis of 
the pillar (my), which is not limited to the cores of the structures, as is 
the case in thin films.

Considering the full three-dimensional magnetization configuration 
surrounding vortex (i) in Fig. 2a, which extends through the height of 
the pillar, we observe a complex structure owing to the large number of 
degrees of freedom resulting from the lack of spatial confinement and 
negligible anisotropy. Our reconstruction reveals two large domains of 

 positive and negative my (Fig. 3a), separated by a domain wall  extending 
along the height of the pillar. This domain wall is a vortex wall and 
intersects the cross-tie wall in Fig. 2. The structure of the vortex wall 
can be seen from the detailed magnetization vectors for a section of the 
wall shown in Fig. 3b. In contrast to domain walls in thin films and in 
high anisotropy materials, which typically extend over a few to tens of 
nanometres, here the domain wall extends over a few hundred nano-
metres as expected in an ideal soft ferromagnet in the absence of lateral 
confinement28. The central plane of the domain wall is mapped using 
the my =  0 (white) isosurface for a subsection of the pillar in Fig. 3c,  
and the core, Vd, of the vortex wall can be seen to run along the wall in 
Fig. 3c (the detailed correspondence between Fig. 2 and Fig. 3a and c  
is given in Extended Data Fig. 6). The core, Vi, of vortex (i) in Fig. 2 
intersects this domain wall at multiple locations, coinciding with the 
core, Vd, of the vortex wall. At these intersections the polarization, that 
is, the orientation of the magnetization within both cores, Vi and Vd, 
reverses. This reversal can be seen in Fig. 3c at point f, where the colour 
indicates the direction of the magnetisation within the vortex core Vi, 
which changes from + my (orange) to − my (purple) on either side of 
the wall. The polarization of the vortex wall, given by the colour of its 
core Vd, also reverses from + mx (red) to − mx (blue).

At the points of intersection of the core Vi with the domain wall 
(indicated by circles e and f in Fig. 3c), mx =  my =  mz =  0,  corresponding 
to a magnetic singularity, or Bloch point. Although such singularities 
were predicted over fifty years ago4 and have been studied theoreti-
cally, they have so far not been directly observed experi mentally. The 
Bloch point contains a singularity around which the magnetic order 
is destroyed within a radius of the order of a few  lattice constants15. 
The structure of the Bloch point is determined by the magnetization 
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Figure 3 | Details of the reconstructed magnetization. a, The y 
component of the magnetization in a vertical slice through the pillar. Two 
main large domains of negative (purple) and positive (orange) my can be 
seen, whose magnetic orientation is indicated by the white arrows. b, The 
magnetic configuration of the domain wall in the y–z plane, within the 
region indicated by a dashed rectangle in a. c, The domain wall is shown as 
a white my =  0 isosurface within a portion of the pillar. The core, Vd, of the 
vortex wall, coloured by the direction of the magnetization component 
aligned along the unit vector x̂ within the core 16, runs along the domain 
wall. The magnetic configuration of an axial slice through the portion of 
the pillar, indicated by the white disk, is given in d. The core, Vi, of vortex 
(i) in Fig. 2, which is part of the cross-tie wall, extends through the length 
of the pillar and is mapped by an isosurface whose colour represents the 

magnetization orientation (orange and purple for +  my and − my, 
respectively). Within the volume shown, Vi and Vd intersect at the two 
circled points e and f. At these points mx =  my =  mz =  0, corresponding to a 
magnetic singularity, or Bloch point. While the Bloch points themselves 
cannot be resolved, the magnetization configuration in their vicinity 
(within a 125 nm radius) is shown in e and f. For reference, three possible 
configurations for Bloch points are shown schematically: g, a ‘hedgehog’, or 
diverging Bloch point; h, a circulating Bloch point; and i, a contra-
circulating Bloch point (or anti-Bloch point), where the vortex in h is 
replaced by an antivortex. Scale bars represent 1 µ m (a), 500 nm (b–d) and 
100 nm (e, f). In a–f reconstructed experimental data is given, while in g–i 
schematic drawings are shown. The three-dimensional structure of  
Fig. 3c, e and f can be seen in Supplementary Videos 1–3 .

© 2017 Macmillan Publishers Limited, part of Springer Nature. All rights reserved.

Cobalt Gadolinium
pillars

C. Donally et al, 
Nature 547 
 328 (2017)

1µm

YIG disks

Losby et al, Science 350, 798 (2015)



Magnetic Vortex and Optical Cavity

2.2. Optics – Whispering gallery modes

and the interference maxima of the electric field vary with m.
Finally we discuss shortly the TE case, where | (', r)| represents the absolute value of
the magnetic field. Since these modes are showing the same behavior as the TM modes
we only focus on the modes with p = 1. As we see in figure 2.9 the modes look a bit
di↵erent since they are more confined to the disk.
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Figure 2.8.: TM whispering gallery modes for p = 1 (only cos solution).
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Figure 2.9.: TE whispering gallery modes for p = 1 (only cos solution).

In the simulation sections the above evaluated analytical results, which are strictly speak-
ing only valid for an infinite cylinder, are compared to the numerical results for a finite
disk, where no analytical solution is calculable. However the analytical results can be
used as a valid approximation for thin dielectric cavities if one introduces the e↵ective
refractive index mentioned above.
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is applied perpendicular to the plane of the WGM orbits.
A loop coil near the YIG sphere generates an ac magnetic
field perpendicular to the dc field and drives FMR. The
magnetization then acquires its horizontal component
rotating at the angular frequency of the Kittel mode.
Because of the finite loss, the microwave reflection picked
up by the loop coil shows a dip at the resonant frequency.
The resonant frequency and the quality factor are found to
be ωmag=2π ¼ 6.81 GHz and Q ∼ 3000, respectively.
Laser light with a wavelength of 1.5 μm from an ECDL

is introduced through a FPC and then coupled to the WGM
resonator via a tapered silica optical nanofiber, with a waist
diameter of about 700 nm and a waist length of around
4 mm. Figure 1(b) shows the transmission spectra for the
transverse-electric (TE) modes and the transverse-magnetic
(TM) modes. The rich structures in the spectra indicate that
there are various spatial modes within the FSR of 62.1 GHz.
For WGMs in the large sphere limit, frequencies of the TM
modes are known to be higher than those of the TE modes
with the same mode indices because of the geometrical
birefringence [22–24]. For the 750-μm-diameter sphere we

use, the difference is estimated to be 51.8 GHz, which is
consistent with the observed spectra in Fig. 1(b) [25]. The
intrinsic quality factors of the WGMs are found to be
around 1 × 105 when they are measured in the under-
coupled regime.
When the light propagates in the direction of the mean

magnetization in ferromagnets, the well-known Faraday
effect occurs. When, on the other hand, the mean mag-
netization is perpendicular to the direction of light propa-
gation, magnon-induced Brillouin scattering takes place
[26–28]. In the presence of magnons in the Kittel mode,
photons in the WGM undergo Brillouin scattering to create
sideband photons with the frequency shifted by "ωmag=2π.
A HWP and a PBS make the scattered sideband photons
and the unscattered input photons interfere to generate a
beat signal at ωmag=2π. The signal is amplified and
measured with a vector network analyzer.
The orange (light blue) plot in Fig. 2 shows the observed

spectrum of the beat signal for the input laser being the TM
mode and coupled to the anticlockwise (clockwise) orbit of
the WGM resonator. The frequency of the input photons is
tuned to be ω=2π ¼ 193130 GHz where the beat signal
associated with the anticlockwise orbit is maximized.
While both peaks in Fig. 2 have the same linewidth as
the FMR signal, there is a large difference in their signal
strengths of almost 20 dB.
The nonreciprocity of the magnon-induced Brillouin

scattering can be explained by considering the conservation
of energy, momentum, and angular momentum under the
situation in which the spin-orbit coupling of the photons
and the geometrical birefringence associated with the
WGM resonator are blended with the time-reversal sym-
metry breaking in the magnon dynamics.
Suppose that the input laser polarization is adjusted to

couple to the TM mode of the anticlockwise WGM orbit
(orange orbit in Fig. 2). The light in the resonator is then σþ

polarized due to the spin-orbit coupling [see Fig. 3(a)]. To
see why the Brillouin scattering is more noticeable in this
situation, we consider the following three points. (i) The

FIG. 1. Transmission through WGMs in a YIG sphere.
(a) Experimental setup. WGMs of the YIG sphere are addressed
with an optical nanofiber. Microwave radiation from a vector
network analyzer excites magnons, and ac and dc components of
the light intensity are monitored with a high-speed photodetector
(PD). The polarization of the light from an external-cavity diode
laser (ECDL) is adjusted by a fiber polarization controller (FPC).
A half-wave plate (HWP) and a polarization beam splitter (PBS)
are placed before the PD. The inset shows a picture of the YIG
sphere and the nanofiber. (b) Observed WGM spectra for the
750-μm-diameter YIG sphere. Red and blue lines correspond to
the TM and TE modes, respectively. The transmission signals are
normalized by their maximal values. The free spectral range
(FSR) and the estimated spectral shift due to the geometrical
birefringence (GB) are indicated.
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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Introduction: cavity optomagnonics
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2.1. Magnetics – Spin waves

Spin system with 
one flipped spin

Macrospin

≙

Figure 2.4.: Excited Kittel mode.
Note: Here one particular spin is flipped, in reality this flipped spin is
distributed over the whole sample.

Strictly speaking, equation 2.1 only represents the lossless form of the Landau-Lifshitz
equation without dissipation. Since this is rather unphysical, one can insert a phe-
nomenological damping and dissipation term [5], which leads to the Landau-Lifshitz-
Gilbert equation

d ~M

dt
= �� ~M ⇥ ~Be↵ + ↵ ~M ⇥

d ~M

dt
(2.2)

with ↵ the damping constant. This equation describes a damped precession movement
of the magnetization ~M after an excitation, which leads to a helical orbit around ~Be↵

(Fig. 2.1 (b)).

(a) (b)

�M�M

�Be�
�Be�

�M ⇥
d �M

dt

� �M ⇥ �Be�

Figure 2.5.: (a) Lossless Larmor precession. (b) Damped Larmor precession. [5]

We conclude this section by mentioning that magnetic materials exhibit a variety of
magnon modes, not only homogeneous modes like the Kittel mode. For example a small
magnetic disk can exhibit a magnetic texture of a so-called vortex, which gives rise to
much more interesting magnon modes as we will see in the following chapters.

5

2.2. Optics – Whispering gallery modes

and the interference maxima of the electric field vary with m.
Finally we discuss shortly the TE case, where | (', r)| represents the absolute value of
the magnetic field. Since these modes are showing the same behavior as the TM modes
we only focus on the modes with p = 1. As we see in figure 2.9 the modes look a bit
di↵erent since they are more confined to the disk.

1µm1µm

m11p1

140MHz

m10p1

153MHz

Figure 2.8.: TM whispering gallery modes for p = 1 (only cos solution).

1µm

m12p1

153MHz

m11p1

165MHz

Figure 2.9.: TE whispering gallery modes for p = 1 (only cos solution).

In the simulation sections the above evaluated analytical results, which are strictly speak-
ing only valid for an infinite cylinder, are compared to the numerical results for a finite
disk, where no analytical solution is calculable. However the analytical results can be
used as a valid approximation for thin dielectric cavities if one introduces the e↵ective
refractive index mentioned above.
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Magnetic Textures: why do they form?

Competition of interactions: 

short range, strong

• Dipolar interactions:  
long range, weak

short range, defines easy and hard axis

• …

• Exchange energy:

• Crystalline anisotropies  

(e.g. Dzyaloshinskii-Moriya)  
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Equilibrium: Flux-closure configurations
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Vortex!

 Microscale: Exchange energy ~ dipolar energy



is applied perpendicular to the plane of the WGM orbits.
A loop coil near the YIG sphere generates an ac magnetic
field perpendicular to the dc field and drives FMR. The
magnetization then acquires its horizontal component
rotating at the angular frequency of the Kittel mode.
Because of the finite loss, the microwave reflection picked
up by the loop coil shows a dip at the resonant frequency.
The resonant frequency and the quality factor are found to
be ωmag=2π ¼ 6.81 GHz and Q ∼ 3000, respectively.
Laser light with a wavelength of 1.5 μm from an ECDL

is introduced through a FPC and then coupled to the WGM
resonator via a tapered silica optical nanofiber, with a waist
diameter of about 700 nm and a waist length of around
4 mm. Figure 1(b) shows the transmission spectra for the
transverse-electric (TE) modes and the transverse-magnetic
(TM) modes. The rich structures in the spectra indicate that
there are various spatial modes within the FSR of 62.1 GHz.
For WGMs in the large sphere limit, frequencies of the TM
modes are known to be higher than those of the TE modes
with the same mode indices because of the geometrical
birefringence [22–24]. For the 750-μm-diameter sphere we

use, the difference is estimated to be 51.8 GHz, which is
consistent with the observed spectra in Fig. 1(b) [25]. The
intrinsic quality factors of the WGMs are found to be
around 1 × 105 when they are measured in the under-
coupled regime.
When the light propagates in the direction of the mean

magnetization in ferromagnets, the well-known Faraday
effect occurs. When, on the other hand, the mean mag-
netization is perpendicular to the direction of light propa-
gation, magnon-induced Brillouin scattering takes place
[26–28]. In the presence of magnons in the Kittel mode,
photons in the WGM undergo Brillouin scattering to create
sideband photons with the frequency shifted by "ωmag=2π.
A HWP and a PBS make the scattered sideband photons
and the unscattered input photons interfere to generate a
beat signal at ωmag=2π. The signal is amplified and
measured with a vector network analyzer.
The orange (light blue) plot in Fig. 2 shows the observed

spectrum of the beat signal for the input laser being the TM
mode and coupled to the anticlockwise (clockwise) orbit of
the WGM resonator. The frequency of the input photons is
tuned to be ω=2π ¼ 193130 GHz where the beat signal
associated with the anticlockwise orbit is maximized.
While both peaks in Fig. 2 have the same linewidth as
the FMR signal, there is a large difference in their signal
strengths of almost 20 dB.
The nonreciprocity of the magnon-induced Brillouin

scattering can be explained by considering the conservation
of energy, momentum, and angular momentum under the
situation in which the spin-orbit coupling of the photons
and the geometrical birefringence associated with the
WGM resonator are blended with the time-reversal sym-
metry breaking in the magnon dynamics.
Suppose that the input laser polarization is adjusted to

couple to the TM mode of the anticlockwise WGM orbit
(orange orbit in Fig. 2). The light in the resonator is then σþ

polarized due to the spin-orbit coupling [see Fig. 3(a)]. To
see why the Brillouin scattering is more noticeable in this
situation, we consider the following three points. (i) The

FIG. 1. Transmission through WGMs in a YIG sphere.
(a) Experimental setup. WGMs of the YIG sphere are addressed
with an optical nanofiber. Microwave radiation from a vector
network analyzer excites magnons, and ac and dc components of
the light intensity are monitored with a high-speed photodetector
(PD). The polarization of the light from an external-cavity diode
laser (ECDL) is adjusted by a fiber polarization controller (FPC).
A half-wave plate (HWP) and a polarization beam splitter (PBS)
are placed before the PD. The inset shows a picture of the YIG
sphere and the nanofiber. (b) Observed WGM spectra for the
750-μm-diameter YIG sphere. Red and blue lines correspond to
the TM and TE modes, respectively. The transmission signals are
normalized by their maximal values. The free spectral range
(FSR) and the estimated spectral shift due to the geometrical
birefringence (GB) are indicated.
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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Dynamics of the magnetization
Landau Lifschitz Gilbert equation
Thiele equation for topological defects

Cavity optomagnonics with magnetic textures

Introduction: cavity optomagnonics

Hamiltonian: Holstein-Primakoff
Optomagnonic coupling: gyrotropic mode

2.1. Magnetics – Spin waves

Spin system with 
one flipped spin

Macrospin

≙

Figure 2.4.: Excited Kittel mode.
Note: Here one particular spin is flipped, in reality this flipped spin is
distributed over the whole sample.

Strictly speaking, equation 2.1 only represents the lossless form of the Landau-Lifshitz
equation without dissipation. Since this is rather unphysical, one can insert a phe-
nomenological damping and dissipation term [5], which leads to the Landau-Lifshitz-
Gilbert equation

d ~M

dt
= �� ~M ⇥ ~Be↵ + ↵ ~M ⇥

d ~M

dt
(2.2)

with ↵ the damping constant. This equation describes a damped precession movement
of the magnetization ~M after an excitation, which leads to a helical orbit around ~Be↵

(Fig. 2.1 (b)).

(a) (b)

�M�M

�Be�
�Be�

�M ⇥
d �M

dt

� �M ⇥ �Be�

Figure 2.5.: (a) Lossless Larmor precession. (b) Damped Larmor precession. [5]

We conclude this section by mentioning that magnetic materials exhibit a variety of
magnon modes, not only homogeneous modes like the Kittel mode. For example a small
magnetic disk can exhibit a magnetic texture of a so-called vortex, which gives rise to
much more interesting magnon modes as we will see in the following chapters.

5

2.2. Optics – Whispering gallery modes

and the interference maxima of the electric field vary with m.
Finally we discuss shortly the TE case, where | (', r)| represents the absolute value of
the magnetic field. Since these modes are showing the same behavior as the TM modes
we only focus on the modes with p = 1. As we see in figure 2.9 the modes look a bit
di↵erent since they are more confined to the disk.

1µm1µm

m11p1

140MHz

m10p1

153MHz

Figure 2.8.: TM whispering gallery modes for p = 1 (only cos solution).

1µm

m12p1

153MHz

m11p1

165MHz

Figure 2.9.: TE whispering gallery modes for p = 1 (only cos solution).

In the simulation sections the above evaluated analytical results, which are strictly speak-
ing only valid for an infinite cylinder, are compared to the numerical results for a finite
disk, where no analytical solution is calculable. However the analytical results can be
used as a valid approximation for thin dielectric cavities if one introduces the e↵ective
refractive index mentioned above.

11
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micromagnetic simulations

Very difficult to solve in general

computationally costly
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Example: Vortex in thin microdisk

Ha = 0
<latexit sha1_base64="GcIEYhB9awGuUfuDhWXHEiHl6rc=">AAACAHicbVDLSsNAFJ34rPUVdeHCzWARXJWkCroRim66rGAf0IQwmU7aoTOTMDMRSsjGX3HjQhG3foY7/8ZJm4W2HrhwOOde7r0nTBhV2nG+rZXVtfWNzcpWdXtnd2/fPjjsqjiVmHRwzGLZD5EijArS0VQz0k8kQTxkpBdO7gq/90ikorF40NOE+ByNBI0oRtpIgX3scaTHYZS18iDzJM9QnkN44wR2zak7M8Bl4pakBkq0A/vLG8Y45URozJBSA9dJtJ8hqSlmJK96qSIJwhM0IgNDBeJE+dnsgRyeGWUIo1iaEhrO1N8TGeJKTXloOotz1aJXiP95g1RH135GRZJqIvB8UZQyqGNYpAGHVBKs2dQQhCU1t0I8RhJhbTKrmhDcxZeXSbdRdy/qjfvLWvO2jKMCTsApOAcuuAJN0AJt0AEY5OAZvII368l6sd6tj3nrilXOHIE/sD5/AFquljs=</latexit>

Height of disk  h < Lex =
1

Ms

s
2A

µ0
<latexit sha1_base64="cmyWDLRDjcFzgk9oHHcYoMutuZc="></latexit>

2D description



Position tunable by a magnetic field 

Example: Vortex in thin microdisk
4.2. Static simulations - Hysteresis loop

10mT

MiddleBottom Top

17.6mT

MiddleBottom Top

18.8mT

Figure 4.6.: B=10mT and B=17.6mT : Moved vortex.
B=18.8mT: Destroyed vortex.

When the magnetic field is decreased again, we see already from the hysteresis loop
in figure 4.3 that the system falls into a di↵erent solution than before. The reason is
a double vortex state, which starts to form around 15mT (Fig. 4.3 (e)) as we see it
in figure 4.7. By considering the middle layer of the disk, we clearly see that the two
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magnon mode

Vortex  

Vortex in a thick microdisk 

Vortex core

J. Graf, H. Pfeifer, F. Marquardt, S. Viola Kusminskiy, Phys. Rev. B 98, 241406(R), (2018)
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magnon mode

Definitely not 2D!!

Vortex  

Vortex in a thick microdisk 

J. Graf, H. Pfeifer, F. Marquardt, S. Viola Kusminskiy, Phys. Rev. B 98, 241406(R), (2018)



is applied perpendicular to the plane of the WGM orbits.
A loop coil near the YIG sphere generates an ac magnetic
field perpendicular to the dc field and drives FMR. The
magnetization then acquires its horizontal component
rotating at the angular frequency of the Kittel mode.
Because of the finite loss, the microwave reflection picked
up by the loop coil shows a dip at the resonant frequency.
The resonant frequency and the quality factor are found to
be ωmag=2π ¼ 6.81 GHz and Q ∼ 3000, respectively.
Laser light with a wavelength of 1.5 μm from an ECDL

is introduced through a FPC and then coupled to the WGM
resonator via a tapered silica optical nanofiber, with a waist
diameter of about 700 nm and a waist length of around
4 mm. Figure 1(b) shows the transmission spectra for the
transverse-electric (TE) modes and the transverse-magnetic
(TM) modes. The rich structures in the spectra indicate that
there are various spatial modes within the FSR of 62.1 GHz.
For WGMs in the large sphere limit, frequencies of the TM
modes are known to be higher than those of the TE modes
with the same mode indices because of the geometrical
birefringence [22–24]. For the 750-μm-diameter sphere we

use, the difference is estimated to be 51.8 GHz, which is
consistent with the observed spectra in Fig. 1(b) [25]. The
intrinsic quality factors of the WGMs are found to be
around 1 × 105 when they are measured in the under-
coupled regime.
When the light propagates in the direction of the mean

magnetization in ferromagnets, the well-known Faraday
effect occurs. When, on the other hand, the mean mag-
netization is perpendicular to the direction of light propa-
gation, magnon-induced Brillouin scattering takes place
[26–28]. In the presence of magnons in the Kittel mode,
photons in the WGM undergo Brillouin scattering to create
sideband photons with the frequency shifted by "ωmag=2π.
A HWP and a PBS make the scattered sideband photons
and the unscattered input photons interfere to generate a
beat signal at ωmag=2π. The signal is amplified and
measured with a vector network analyzer.
The orange (light blue) plot in Fig. 2 shows the observed

spectrum of the beat signal for the input laser being the TM
mode and coupled to the anticlockwise (clockwise) orbit of
the WGM resonator. The frequency of the input photons is
tuned to be ω=2π ¼ 193130 GHz where the beat signal
associated with the anticlockwise orbit is maximized.
While both peaks in Fig. 2 have the same linewidth as
the FMR signal, there is a large difference in their signal
strengths of almost 20 dB.
The nonreciprocity of the magnon-induced Brillouin

scattering can be explained by considering the conservation
of energy, momentum, and angular momentum under the
situation in which the spin-orbit coupling of the photons
and the geometrical birefringence associated with the
WGM resonator are blended with the time-reversal sym-
metry breaking in the magnon dynamics.
Suppose that the input laser polarization is adjusted to

couple to the TM mode of the anticlockwise WGM orbit
(orange orbit in Fig. 2). The light in the resonator is then σþ

polarized due to the spin-orbit coupling [see Fig. 3(a)]. To
see why the Brillouin scattering is more noticeable in this
situation, we consider the following three points. (i) The

FIG. 1. Transmission through WGMs in a YIG sphere.
(a) Experimental setup. WGMs of the YIG sphere are addressed
with an optical nanofiber. Microwave radiation from a vector
network analyzer excites magnons, and ac and dc components of
the light intensity are monitored with a high-speed photodetector
(PD). The polarization of the light from an external-cavity diode
laser (ECDL) is adjusted by a fiber polarization controller (FPC).
A half-wave plate (HWP) and a polarization beam splitter (PBS)
are placed before the PD. The inset shows a picture of the YIG
sphere and the nanofiber. (b) Observed WGM spectra for the
750-μm-diameter YIG sphere. Red and blue lines correspond to
the TM and TE modes, respectively. The transmission signals are
normalized by their maximal values. The free spectral range
(FSR) and the estimated spectral shift due to the geometrical
birefringence (GB) are indicated.
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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Magnetic textures
Why do they form?
Equilibrium condition
Topology of smooth textures

Dynamics of the magnetization
Landau Lifschitz Gilbert equation
Thiele equation for topological defects

Cavity optomagnonics with magnetic textures

Introduction: cavity optomagnonics

Hamiltonian: Holstein-Primakoff
Optomagnonic coupling: gyrotropic mode

2.1. Magnetics – Spin waves

Spin system with 
one flipped spin

Macrospin

≙

Figure 2.4.: Excited Kittel mode.
Note: Here one particular spin is flipped, in reality this flipped spin is
distributed over the whole sample.

Strictly speaking, equation 2.1 only represents the lossless form of the Landau-Lifshitz
equation without dissipation. Since this is rather unphysical, one can insert a phe-
nomenological damping and dissipation term [5], which leads to the Landau-Lifshitz-
Gilbert equation

d ~M

dt
= �� ~M ⇥ ~Be↵ + ↵ ~M ⇥

d ~M

dt
(2.2)

with ↵ the damping constant. This equation describes a damped precession movement
of the magnetization ~M after an excitation, which leads to a helical orbit around ~Be↵

(Fig. 2.1 (b)).

(a) (b)

�M�M

�Be�
�Be�

�M ⇥
d �M

dt

� �M ⇥ �Be�

Figure 2.5.: (a) Lossless Larmor precession. (b) Damped Larmor precession. [5]

We conclude this section by mentioning that magnetic materials exhibit a variety of
magnon modes, not only homogeneous modes like the Kittel mode. For example a small
magnetic disk can exhibit a magnetic texture of a so-called vortex, which gives rise to
much more interesting magnon modes as we will see in the following chapters.

5

2.2. Optics – Whispering gallery modes

and the interference maxima of the electric field vary with m.
Finally we discuss shortly the TE case, where | (', r)| represents the absolute value of
the magnetic field. Since these modes are showing the same behavior as the TM modes
we only focus on the modes with p = 1. As we see in figure 2.9 the modes look a bit
di↵erent since they are more confined to the disk.

1µm1µm

m11p1

140MHz

m10p1

153MHz

Figure 2.8.: TM whispering gallery modes for p = 1 (only cos solution).

1µm

m12p1

153MHz

m11p1

165MHz

Figure 2.9.: TE whispering gallery modes for p = 1 (only cos solution).

In the simulation sections the above evaluated analytical results, which are strictly speak-
ing only valid for an infinite cylinder, are compared to the numerical results for a finite
disk, where no analytical solution is calculable. However the analytical results can be
used as a valid approximation for thin dielectric cavities if one introduces the e↵ective
refractive index mentioned above.
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Topology of smooth magnetic textures

Two relevant topological numbers

Easy-plane spins:

wS1 =
1
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Topology of smooth magnetic textures

Two relevant topological numbers

f : S2 ! S2
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Easy-plane spins:

wS1 =
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“winding number” 

Bloch-sphere spins:
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see e.g. H.B Braun, Adv. in Phys. 61, 1 (2011)
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Topology of smooth magnetic textures

Skyrmion in a magnetic thin film

wS2 = pwS1 = p q
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Vortex in a magnetic thin microdisk

Skyrmion number

wS2 =
p q
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is applied perpendicular to the plane of the WGM orbits.
A loop coil near the YIG sphere generates an ac magnetic
field perpendicular to the dc field and drives FMR. The
magnetization then acquires its horizontal component
rotating at the angular frequency of the Kittel mode.
Because of the finite loss, the microwave reflection picked
up by the loop coil shows a dip at the resonant frequency.
The resonant frequency and the quality factor are found to
be ωmag=2π ¼ 6.81 GHz and Q ∼ 3000, respectively.
Laser light with a wavelength of 1.5 μm from an ECDL

is introduced through a FPC and then coupled to the WGM
resonator via a tapered silica optical nanofiber, with a waist
diameter of about 700 nm and a waist length of around
4 mm. Figure 1(b) shows the transmission spectra for the
transverse-electric (TE) modes and the transverse-magnetic
(TM) modes. The rich structures in the spectra indicate that
there are various spatial modes within the FSR of 62.1 GHz.
For WGMs in the large sphere limit, frequencies of the TM
modes are known to be higher than those of the TE modes
with the same mode indices because of the geometrical
birefringence [22–24]. For the 750-μm-diameter sphere we

use, the difference is estimated to be 51.8 GHz, which is
consistent with the observed spectra in Fig. 1(b) [25]. The
intrinsic quality factors of the WGMs are found to be
around 1 × 105 when they are measured in the under-
coupled regime.
When the light propagates in the direction of the mean

magnetization in ferromagnets, the well-known Faraday
effect occurs. When, on the other hand, the mean mag-
netization is perpendicular to the direction of light propa-
gation, magnon-induced Brillouin scattering takes place
[26–28]. In the presence of magnons in the Kittel mode,
photons in the WGM undergo Brillouin scattering to create
sideband photons with the frequency shifted by "ωmag=2π.
A HWP and a PBS make the scattered sideband photons
and the unscattered input photons interfere to generate a
beat signal at ωmag=2π. The signal is amplified and
measured with a vector network analyzer.
The orange (light blue) plot in Fig. 2 shows the observed

spectrum of the beat signal for the input laser being the TM
mode and coupled to the anticlockwise (clockwise) orbit of
the WGM resonator. The frequency of the input photons is
tuned to be ω=2π ¼ 193130 GHz where the beat signal
associated with the anticlockwise orbit is maximized.
While both peaks in Fig. 2 have the same linewidth as
the FMR signal, there is a large difference in their signal
strengths of almost 20 dB.
The nonreciprocity of the magnon-induced Brillouin

scattering can be explained by considering the conservation
of energy, momentum, and angular momentum under the
situation in which the spin-orbit coupling of the photons
and the geometrical birefringence associated with the
WGM resonator are blended with the time-reversal sym-
metry breaking in the magnon dynamics.
Suppose that the input laser polarization is adjusted to

couple to the TM mode of the anticlockwise WGM orbit
(orange orbit in Fig. 2). The light in the resonator is then σþ

polarized due to the spin-orbit coupling [see Fig. 3(a)]. To
see why the Brillouin scattering is more noticeable in this
situation, we consider the following three points. (i) The

FIG. 1. Transmission through WGMs in a YIG sphere.
(a) Experimental setup. WGMs of the YIG sphere are addressed
with an optical nanofiber. Microwave radiation from a vector
network analyzer excites magnons, and ac and dc components of
the light intensity are monitored with a high-speed photodetector
(PD). The polarization of the light from an external-cavity diode
laser (ECDL) is adjusted by a fiber polarization controller (FPC).
A half-wave plate (HWP) and a polarization beam splitter (PBS)
are placed before the PD. The inset shows a picture of the YIG
sphere and the nanofiber. (b) Observed WGM spectra for the
750-μm-diameter YIG sphere. Red and blue lines correspond to
the TM and TE modes, respectively. The transmission signals are
normalized by their maximal values. The free spectral range
(FSR) and the estimated spectral shift due to the geometrical
birefringence (GB) are indicated.
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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2.1. Magnetics – Spin waves

Spin system with 
one flipped spin

Macrospin

≙

Figure 2.4.: Excited Kittel mode.
Note: Here one particular spin is flipped, in reality this flipped spin is
distributed over the whole sample.

Strictly speaking, equation 2.1 only represents the lossless form of the Landau-Lifshitz
equation without dissipation. Since this is rather unphysical, one can insert a phe-
nomenological damping and dissipation term [5], which leads to the Landau-Lifshitz-
Gilbert equation

d ~M

dt
= �� ~M ⇥ ~Be↵ + ↵ ~M ⇥

d ~M

dt
(2.2)

with ↵ the damping constant. This equation describes a damped precession movement
of the magnetization ~M after an excitation, which leads to a helical orbit around ~Be↵

(Fig. 2.1 (b)).
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�Be�
�Be�

�M ⇥
d �M
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� �M ⇥ �Be�

Figure 2.5.: (a) Lossless Larmor precession. (b) Damped Larmor precession. [5]

We conclude this section by mentioning that magnetic materials exhibit a variety of
magnon modes, not only homogeneous modes like the Kittel mode. For example a small
magnetic disk can exhibit a magnetic texture of a so-called vortex, which gives rise to
much more interesting magnon modes as we will see in the following chapters.

5

2.2. Optics – Whispering gallery modes

and the interference maxima of the electric field vary with m.
Finally we discuss shortly the TE case, where | (', r)| represents the absolute value of
the magnetic field. Since these modes are showing the same behavior as the TM modes
we only focus on the modes with p = 1. As we see in figure 2.9 the modes look a bit
di↵erent since they are more confined to the disk.

1µm1µm

m11p1

140MHz

m10p1

153MHz

Figure 2.8.: TM whispering gallery modes for p = 1 (only cos solution).

1µm

m12p1

153MHz

m11p1

165MHz

Figure 2.9.: TE whispering gallery modes for p = 1 (only cos solution).

In the simulation sections the above evaluated analytical results, which are strictly speak-
ing only valid for an infinite cylinder, are compared to the numerical results for a finite
disk, where no analytical solution is calculable. However the analytical results can be
used as a valid approximation for thin dielectric cavities if one introduces the e↵ective
refractive index mentioned above.
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Dynamics of M: Landau Lifschitz equation
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magnetic disk can exhibit a magnetic texture of a so-called vortex, which gives rise to
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Dynamics of M: Landau Lifschitz equation
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Can be derived from
the Lagrangian

L =
Ms
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V
d3r(1� cos ✓)�̇� E
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Dynamics of M: Landau Lifschitz equation
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Precession of the magnetization

2.1. Magnetics – Spin waves
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one flipped spin

Macrospin

≙

Figure 2.4.: Excited Kittel mode.
Note: Here one particular spin is flipped, in reality this flipped spin is
distributed over the whole sample.

Strictly speaking, equation 2.1 only represents the lossless form of the Landau-Lifshitz
equation without dissipation. Since this is rather unphysical, one can insert a phe-
nomenological damping and dissipation term [5], which leads to the Landau-Lifshitz-
Gilbert equation

d ~M

dt
= �� ~M ⇥ ~Be↵ + ↵ ~M ⇥

d ~M

dt
(2.2)

with ↵ the damping constant. This equation describes a damped precession movement
of the magnetization ~M after an excitation, which leads to a helical orbit around ~Be↵

(Fig. 2.1 (b)).
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Figure 2.5.: (a) Lossless Larmor precession. (b) Damped Larmor precession. [5]

We conclude this section by mentioning that magnetic materials exhibit a variety of
magnon modes, not only homogeneous modes like the Kittel mode. For example a small
magnetic disk can exhibit a magnetic texture of a so-called vortex, which gives rise to
much more interesting magnon modes as we will see in the following chapters.
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is applied perpendicular to the plane of the WGM orbits.
A loop coil near the YIG sphere generates an ac magnetic
field perpendicular to the dc field and drives FMR. The
magnetization then acquires its horizontal component
rotating at the angular frequency of the Kittel mode.
Because of the finite loss, the microwave reflection picked
up by the loop coil shows a dip at the resonant frequency.
The resonant frequency and the quality factor are found to
be ωmag=2π ¼ 6.81 GHz and Q ∼ 3000, respectively.
Laser light with a wavelength of 1.5 μm from an ECDL

is introduced through a FPC and then coupled to the WGM
resonator via a tapered silica optical nanofiber, with a waist
diameter of about 700 nm and a waist length of around
4 mm. Figure 1(b) shows the transmission spectra for the
transverse-electric (TE) modes and the transverse-magnetic
(TM) modes. The rich structures in the spectra indicate that
there are various spatial modes within the FSR of 62.1 GHz.
For WGMs in the large sphere limit, frequencies of the TM
modes are known to be higher than those of the TE modes
with the same mode indices because of the geometrical
birefringence [22–24]. For the 750-μm-diameter sphere we

use, the difference is estimated to be 51.8 GHz, which is
consistent with the observed spectra in Fig. 1(b) [25]. The
intrinsic quality factors of the WGMs are found to be
around 1 × 105 when they are measured in the under-
coupled regime.
When the light propagates in the direction of the mean

magnetization in ferromagnets, the well-known Faraday
effect occurs. When, on the other hand, the mean mag-
netization is perpendicular to the direction of light propa-
gation, magnon-induced Brillouin scattering takes place
[26–28]. In the presence of magnons in the Kittel mode,
photons in the WGM undergo Brillouin scattering to create
sideband photons with the frequency shifted by "ωmag=2π.
A HWP and a PBS make the scattered sideband photons
and the unscattered input photons interfere to generate a
beat signal at ωmag=2π. The signal is amplified and
measured with a vector network analyzer.
The orange (light blue) plot in Fig. 2 shows the observed

spectrum of the beat signal for the input laser being the TM
mode and coupled to the anticlockwise (clockwise) orbit of
the WGM resonator. The frequency of the input photons is
tuned to be ω=2π ¼ 193130 GHz where the beat signal
associated with the anticlockwise orbit is maximized.
While both peaks in Fig. 2 have the same linewidth as
the FMR signal, there is a large difference in their signal
strengths of almost 20 dB.
The nonreciprocity of the magnon-induced Brillouin

scattering can be explained by considering the conservation
of energy, momentum, and angular momentum under the
situation in which the spin-orbit coupling of the photons
and the geometrical birefringence associated with the
WGM resonator are blended with the time-reversal sym-
metry breaking in the magnon dynamics.
Suppose that the input laser polarization is adjusted to

couple to the TM mode of the anticlockwise WGM orbit
(orange orbit in Fig. 2). The light in the resonator is then σþ

polarized due to the spin-orbit coupling [see Fig. 3(a)]. To
see why the Brillouin scattering is more noticeable in this
situation, we consider the following three points. (i) The

FIG. 1. Transmission through WGMs in a YIG sphere.
(a) Experimental setup. WGMs of the YIG sphere are addressed
with an optical nanofiber. Microwave radiation from a vector
network analyzer excites magnons, and ac and dc components of
the light intensity are monitored with a high-speed photodetector
(PD). The polarization of the light from an external-cavity diode
laser (ECDL) is adjusted by a fiber polarization controller (FPC).
A half-wave plate (HWP) and a polarization beam splitter (PBS)
are placed before the PD. The inset shows a picture of the YIG
sphere and the nanofiber. (b) Observed WGM spectra for the
750-μm-diameter YIG sphere. Red and blue lines correspond to
the TM and TE modes, respectively. The transmission signals are
normalized by their maximal values. The free spectral range
(FSR) and the estimated spectral shift due to the geometrical
birefringence (GB) are indicated.
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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Figure 2.4.: Excited Kittel mode.
Note: Here one particular spin is flipped, in reality this flipped spin is
distributed over the whole sample.

Strictly speaking, equation 2.1 only represents the lossless form of the Landau-Lifshitz
equation without dissipation. Since this is rather unphysical, one can insert a phe-
nomenological damping and dissipation term [5], which leads to the Landau-Lifshitz-
Gilbert equation

d ~M

dt
= �� ~M ⇥ ~Be↵ + ↵ ~M ⇥

d ~M

dt
(2.2)

with ↵ the damping constant. This equation describes a damped precession movement
of the magnetization ~M after an excitation, which leads to a helical orbit around ~Be↵

(Fig. 2.1 (b)).
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Figure 2.5.: (a) Lossless Larmor precession. (b) Damped Larmor precession. [5]

We conclude this section by mentioning that magnetic materials exhibit a variety of
magnon modes, not only homogeneous modes like the Kittel mode. For example a small
magnetic disk can exhibit a magnetic texture of a so-called vortex, which gives rise to
much more interesting magnon modes as we will see in the following chapters.

5

2.2. Optics – Whispering gallery modes

and the interference maxima of the electric field vary with m.
Finally we discuss shortly the TE case, where | (', r)| represents the absolute value of
the magnetic field. Since these modes are showing the same behavior as the TM modes
we only focus on the modes with p = 1. As we see in figure 2.9 the modes look a bit
di↵erent since they are more confined to the disk.

1µm1µm

m11p1

140MHz

m10p1

153MHz

Figure 2.8.: TM whispering gallery modes for p = 1 (only cos solution).

1µm

m12p1

153MHz

m11p1

165MHz

Figure 2.9.: TE whispering gallery modes for p = 1 (only cos solution).

In the simulation sections the above evaluated analytical results, which are strictly speak-
ing only valid for an infinite cylinder, are compared to the numerical results for a finite
disk, where no analytical solution is calculable. However the analytical results can be
used as a valid approximation for thin dielectric cavities if one introduces the e↵ective
refractive index mentioned above.

11



Dynamics of the vortex: Thiele equation

m(r, t) = m(r� r0(t))
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Dynamics of the vortex: Thiele equation
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with
A.A. Thiele, PRL 230 (1972)



Dynamics of the vortex: Thiele equation

m(r, t) = m(r� r0(t))
<latexit sha1_base64="ItuQtjyNB+a0uNlIwsWhh72lmNQ=">AAACKnicbVDLSsNAFJ3UV62vqEs3wSK0oCWpgm6EqhuXFewD2hAm00k7dPJg5kYoId/jxl9x04VS3PohTtuIWntg4HDOucy9x404k2CaEy23srq2vpHfLGxt7+zu6fsHTRnGgtAGCXko2i6WlLOANoABp+1IUOy7nLbc4d3Ubz1RIVkYPMIooraP+wHzGMGgJEe/6foYBq6X+Gnpm4r0FMrXy4yzn4iTmGkJymnZ0YtmxZzB+E+sjBRRhrqjj7u9kMQ+DYBwLGXHMiOwEyyAEU7TQjeWNMJkiPu0o2iAfSrtZHZqapwopWd4oVAvAGOm/p5IsC/lyHdVcrqqXPSm4jKvE4N3ZScsiGKgAZl/5MXcgNCY9mb0mKAE+EgRTARTuxpkgAUmoNotqBKsxZP/k2a1Yp1Xqg8XxdptVkceHaFjVEIWukQ1dI/qqIEIekav6A29ay/aWJtoH/NoTstmDtEfaJ9fFgOoPw==</latexit> He↵ =
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v = ṙ0
<latexit sha1_base64="QpSLmNqzPrcL6aiOKw2yOuz4CfA=">AAACCHicbVDLSsNAFJ34rPUVdenCYBFclaQKuhGKblxWsA9oQ5hMJ+3QySTM3BRKyNKNv+LGhSJu/QR3/o2TNoK2Hhg4c869M/ceP+ZMgW1/GUvLK6tr66WN8ubW9s6uubffUlEiCW2SiEey42NFORO0CQw47cSS4tDntO2PbnK/PaZSsUjcwySmbogHggWMYNCSZx71QgxDP0jH2VWvH0H6c5eZl9pZ5pkVu2pPYS0SpyAVVKDhmZ/6GZKEVADhWKmuY8fgplgCI5xm5V6iaIzJCA9oV1OBQ6rcdLpIZp1opW8FkdRHgDVVf3ekOFRqEvq6Mh9TzXu5+J/XTSC4dFMm4gSoILOPgoRbEFl5KlafSUqATzTBRDI9q0WGWGICOruyDsGZX3mRtGpV56xauzuv1K+LOEroEB2jU+SgC1RHt6iBmoigB/SEXtCr8Wg8G2/G+6x0ySh6DtAfGB/fMU2auA==</latexit>
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The force on the “particle” is



Dynamics of the vortex: Thiele equation

m(r, t) = m(r� r0(t))
<latexit sha1_base64="ItuQtjyNB+a0uNlIwsWhh72lmNQ=">AAACKnicbVDLSsNAFJ3UV62vqEs3wSK0oCWpgm6EqhuXFewD2hAm00k7dPJg5kYoId/jxl9x04VS3PohTtuIWntg4HDOucy9x404k2CaEy23srq2vpHfLGxt7+zu6fsHTRnGgtAGCXko2i6WlLOANoABp+1IUOy7nLbc4d3Ubz1RIVkYPMIooraP+wHzGMGgJEe/6foYBq6X+Gnpm4r0FMrXy4yzn4iTmGkJymnZ0YtmxZzB+E+sjBRRhrqjj7u9kMQ+DYBwLGXHMiOwEyyAEU7TQjeWNMJkiPu0o2iAfSrtZHZqapwopWd4oVAvAGOm/p5IsC/lyHdVcrqqXPSm4jKvE4N3ZScsiGKgAZl/5MXcgNCY9mb0mKAE+EgRTARTuxpkgAUmoNotqBKsxZP/k2a1Yp1Xqg8XxdptVkceHaFjVEIWukQ1dI/qqIEIekav6A29ay/aWJtoH/NoTstmDtEfaJ9fFgOoPw==</latexit> He↵ =
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<latexit sha1_base64="4VUzz/BMAMP4x+A/d4Z0We5VuGQ=">AAACMXicbVDLSsNAFJ3UV62vqEs3g0VwY0mqoBuh6KbLCvYBTQiT6aQdOpOEmUmhhPySG/9E3HShiFt/wkkbRFsvzHA499zX8WNGpbKsmVFaW9/Y3CpvV3Z29/YPzMOjjowSgUkbRywSPR9JwmhI2ooqRnqxIIj7jHT98X2e706IkDQKH9U0Ji5Hw5AGFCOlKc9sOoNIpQ5HauQHKc+y2wtHJtxLaTbJPycQCKdOjISiiP3S/XBQ5LrMM6tWzZoHXAV2AaqgiJZnvujROOEkVJghKfu2FSs3zZtiRrKKk0gSIzxGQ9LXMEScSDedX5zBM80MYBAJ/UIF5+zvihRxKafc18p8Zbmcy8n/cv1EBTduSsM4USTEi0FBwqCKYG4fHFBBsGJTDRAWVO8K8Qhpj5Q2uaJNsJdPXgWdes2+rNUfrqqNu8KOMjgBp+Ac2OAaNEATtEAbYPAEXsEbeDeejZnxYXwupCWjqDkGf8L4+gZm6K1d</latexit>
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<latexit sha1_base64="V7xcUZkg+XiQkVWT4nSnOQo/K+k="></latexit>

Gyrotropic force Dissipative force

v = ṙ0
<latexit sha1_base64="QpSLmNqzPrcL6aiOKw2yOuz4CfA=">AAACCHicbVDLSsNAFJ34rPUVdenCYBFclaQKuhGKblxWsA9oQ5hMJ+3QySTM3BRKyNKNv+LGhSJu/QR3/o2TNoK2Hhg4c869M/ceP+ZMgW1/GUvLK6tr66WN8ubW9s6uubffUlEiCW2SiEey42NFORO0CQw47cSS4tDntO2PbnK/PaZSsUjcwySmbogHggWMYNCSZx71QgxDP0jH2VWvH0H6c5eZl9pZ5pkVu2pPYS0SpyAVVKDhmZ/6GZKEVADhWKmuY8fgplgCI5xm5V6iaIzJCA9oV1OBQ6rcdLpIZp1opW8FkdRHgDVVf3ekOFRqEvq6Mh9TzXu5+J/XTSC4dFMm4gSoILOPgoRbEFl5KlafSUqATzTBRDI9q0WGWGICOruyDsGZX3mRtGpV56xauzuv1K+LOEroEB2jU+SgC1RHt6iBmoigB/SEXtCr8Wg8G2/G+6x0ySh6DtAfGB/fMU2auA==</latexit>



Dynamics of the vortex: Thiele equation

m(r, t) = m(r� r0(t))
<latexit sha1_base64="ItuQtjyNB+a0uNlIwsWhh72lmNQ=">AAACKnicbVDLSsNAFJ3UV62vqEs3wSK0oCWpgm6EqhuXFewD2hAm00k7dPJg5kYoId/jxl9x04VS3PohTtuIWntg4HDOucy9x404k2CaEy23srq2vpHfLGxt7+zu6fsHTRnGgtAGCXko2i6WlLOANoABp+1IUOy7nLbc4d3Ubz1RIVkYPMIooraP+wHzGMGgJEe/6foYBq6X+Gnpm4r0FMrXy4yzn4iTmGkJymnZ0YtmxZzB+E+sjBRRhrqjj7u9kMQ+DYBwLGXHMiOwEyyAEU7TQjeWNMJkiPu0o2iAfSrtZHZqapwopWd4oVAvAGOm/p5IsC/lyHdVcrqqXPSm4jKvE4N3ZScsiGKgAZl/5MXcgNCY9mb0mKAE+EgRTARTuxpkgAUmoNotqBKsxZP/k2a1Yp1Xqg8XxdptVkceHaFjVEIWukQ1dI/qqIEIekav6A29ay/aWJtoH/NoTstmDtEfaJ9fFgOoPw==</latexit> He↵ =
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<latexit sha1_base64="4VUzz/BMAMP4x+A/d4Z0We5VuGQ=">AAACMXicbVDLSsNAFJ3UV62vqEs3g0VwY0mqoBuh6KbLCvYBTQiT6aQdOpOEmUmhhPySG/9E3HShiFt/wkkbRFsvzHA499zX8WNGpbKsmVFaW9/Y3CpvV3Z29/YPzMOjjowSgUkbRywSPR9JwmhI2ooqRnqxIIj7jHT98X2e706IkDQKH9U0Ji5Hw5AGFCOlKc9sOoNIpQ5HauQHKc+y2wtHJtxLaTbJPycQCKdOjISiiP3S/XBQ5LrMM6tWzZoHXAV2AaqgiJZnvujROOEkVJghKfu2FSs3zZtiRrKKk0gSIzxGQ9LXMEScSDedX5zBM80MYBAJ/UIF5+zvihRxKafc18p8Zbmcy8n/cv1EBTduSsM4USTEi0FBwqCKYG4fHFBBsGJTDRAWVO8K8Qhpj5Q2uaJNsJdPXgWdes2+rNUfrqqNu8KOMjgBp+Ac2OAaNEATtEAbYPAEXsEbeDeejZnxYXwupCWjqDkGf8L4+gZm6K1d</latexit>
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The force on the “particle” is
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<latexit sha1_base64="V7xcUZkg+XiQkVWT4nSnOQo/K+k="></latexit>

Gyrotropic force

v = ṙ0
<latexit sha1_base64="QpSLmNqzPrcL6aiOKw2yOuz4CfA=">AAACCHicbVDLSsNAFJ34rPUVdenCYBFclaQKuhGKblxWsA9oQ5hMJ+3QySTM3BRKyNKNv+LGhSJu/QR3/o2TNoK2Hhg4c869M/ceP+ZMgW1/GUvLK6tr66WN8ubW9s6uubffUlEiCW2SiEey42NFORO0CQw47cSS4tDntO2PbnK/PaZSsUjcwySmbogHggWMYNCSZx71QgxDP0jH2VWvH0H6c5eZl9pZ5pkVu2pPYS0SpyAVVKDhmZ/6GZKEVADhWKmuY8fgplgCI5xm5V6iaIzJCA9oV1OBQ6rcdLpIZp1opW8FkdRHgDVVf3ekOFRqEvq6Mh9TzXu5+J/XTSC4dFMm4gSoILOPgoRbEFl5KlafSUqATzTBRDI9q0WGWGICOruyDsGZX3mRtGpV56xauzuv1K+LOEroEB2jU+SgC1RHt6iBmoigB/SEXtCr8Wg8G2/G+6x0ySh6DtAfGB/fMU2auA==</latexit>

Fg
<latexit sha1_base64="7sy22YNiW3LCaR1vF/X13u5D3MY=">AAAB/XicbVDLSsNAFJ34rPUVHzs3g0VwVZIq6LIoiMsK9gFNCJPppB06MwkzE6GG4K+4caGIW//DnX/jpM1CWw8MHM65l3vmhAmjSjvOt7W0vLK6tl7ZqG5ube/s2nv7HRWnEpM2jlkseyFShFFB2ppqRnqJJIiHjHTD8XXhdx+IVDQW93qSEJ+joaARxUgbKbAPPY70KIyymzzIMk9yOMzzwK45dWcKuEjcktRAiVZgf3mDGKecCI0ZUqrvOon2MyQ1xYzkVS9VJEF4jIakb6hAnCg/m6bP4YlRBjCKpXlCw6n6eyNDXKkJD81kkVXNe4X4n9dPdXTpZ1QkqSYCzw5FKYM6hkUVcEAlwZpNDEFYUpMV4hGSCGtTWNWU4M5/eZF0GnX3rN64O681r8o6KuAIHINT4IIL0AS3oAXaAINH8AxewZv1ZL1Y79bHbHTJKncOwB9Ynz8B45WU</latexit>

A.A. Thiele, PRL 230 (1972)



Dynamics of the vortex: Thiele equation

m(r, t) = m(r� r0(t))
<latexit sha1_base64="ItuQtjyNB+a0uNlIwsWhh72lmNQ=">AAACKnicbVDLSsNAFJ3UV62vqEs3wSK0oCWpgm6EqhuXFewD2hAm00k7dPJg5kYoId/jxl9x04VS3PohTtuIWntg4HDOucy9x404k2CaEy23srq2vpHfLGxt7+zu6fsHTRnGgtAGCXko2i6WlLOANoABp+1IUOy7nLbc4d3Ubz1RIVkYPMIooraP+wHzGMGgJEe/6foYBq6X+Gnpm4r0FMrXy4yzn4iTmGkJymnZ0YtmxZzB+E+sjBRRhrqjj7u9kMQ+DYBwLGXHMiOwEyyAEU7TQjeWNMJkiPu0o2iAfSrtZHZqapwopWd4oVAvAGOm/p5IsC/lyHdVcrqqXPSm4jKvE4N3ZScsiGKgAZl/5MXcgNCY9mb0mKAE+EgRTARTuxpkgAUmoNotqBKsxZP/k2a1Yp1Xqg8XxdptVkceHaFjVEIWukQ1dI/qqIEIekav6A29ay/aWJtoH/NoTstmDtEfaJ9fFgOoPw==</latexit>

v = ṙ0
<latexit sha1_base64="QpSLmNqzPrcL6aiOKw2yOuz4CfA=">AAACCHicbVDLSsNAFJ34rPUVdenCYBFclaQKuhGKblxWsA9oQ5hMJ+3QySTM3BRKyNKNv+LGhSJu/QR3/o2TNoK2Hhg4c869M/ceP+ZMgW1/GUvLK6tr66WN8ubW9s6uubffUlEiCW2SiEey42NFORO0CQw47cSS4tDntO2PbnK/PaZSsUjcwySmbogHggWMYNCSZx71QgxDP0jH2VWvH0H6c5eZl9pZ5pkVu2pPYS0SpyAVVKDhmZ/6GZKEVADhWKmuY8fgplgCI5xm5V6iaIzJCA9oV1OBQ6rcdLpIZp1opW8FkdRHgDVVf3ekOFRqEvq6Mh9TzXu5+J/XTSC4dFMm4gSoILOPgoRbEFl5KlafSUqATzTBRDI9q0WGWGICOruyDsGZX3mRtGpV56xauzuv1K+LOEroEB2jU+SgC1RHt6iBmoigB/SEXtCr8Wg8G2/G+6x0ySh6DtAfGB/fMU2auA==</latexit>

Gyrotropic force on the topological defect

Fg = G⇥ v
<latexit sha1_base64="oz20GQE3zOpMvnE3iOB4AAmk1W4=">AAACGHicbVDLSsNAFJ3UV62vqEs3g0VwVZMq6EYoCuqygn1AE8pkOmmHziRhZlIoIZ/hxl9x40IRt935N07aFLT1wMCZc+7l3nu8iFGpLOvbKKysrq1vFDdLW9s7u3vm/kFThrHApIFDFoq2hyRhNCANRRUj7UgQxD1GWt7wNvNbIyIkDYMnNY6Iy1E/oD7FSGmpa545HKmB5yd3aTdJHMFhP02v5+J96ijKiZz/R2nXLFsVawq4TOyclEGOetecOL0Qx5wECjMkZce2IuUmSCiKGUlLTixJhPAQ9UlH0wDpcW4yPSyFJ1rpQT8U+gUKTtXfHQniUo65pyuzDeWil4n/eZ1Y+VduQoMoViTAs0F+zKAKYZYS7FFBsGJjTRAWVO8K8QAJhJXOsqRDsBdPXibNasU+r1QfL8q1mzyOIjgCx+AU2OAS1MADqIMGwOAZvIJ38GG8GG/Gp/E1Ky0Yec8h+ANj8gMIlKGm</latexit>

with Gi =
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<latexit sha1_base64="F4of4fX0ZnqP6qQ26G7//5TSKgo="></latexit>

skyrmion number!for the vortex:

Gz = h
µ0Ms

2|�| pq
<latexit sha1_base64="jHGX6bLmAvXG2Z43yVPxeI2c+2A=">AAACFnicbVDLSgMxFM34rPU16tJNsAhuLDNV0I1QdKEboYJ9QKcMmTTThiYzY5IRajpf4cZfceNCEbfizr8xfSy09cCFwzn3cu89QcKoVI7zbc3NLywuLedW8qtr6xub9tZ2TcapwKSKYxaLRoAkYTQiVUUVI41EEMQDRupB72Lo1++JkDSOblU/IS2OOhENKUbKSL59eOnrh+ys64UCYe3x1NdOdu1r7QkOZZZlujTwOohzNMiSO98uOEVnBDhL3AkpgAkqvv3ltWOcchIpzJCUTddJVEsjoShmJMt7qSQJwj3UIU1DI8SJbOnRWxncN0obhrEwFSk4Un9PaMSl7PPAdHKkunLaG4r/ec1UhactTaMkVSTC40VhyqCK4TAj2KaCYMX6hiAsqLkV4i4yASmTZN6E4E6/PEtqpaJ7VCzdHBfK55M4cmAX7IED4IITUAZXoAKqAINH8AxewZv1ZL1Y79bHuHXOmszsgD+wPn8APiCgrw==</latexit>h

<latexit sha1_base64="Avqj6DgOR2NBV6dY7Rsio1T0XiY=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0mqoMeiF48t2FpoQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCoreNUMWyxWMSqE1CNgktsGW4EdhKFNAoEPgTj25n/8IRK81jem0mCfkSHkoecUWOl5qhfrrhVdw6ySrycVCBHo1/+6g1ilkYoDRNU667nJsbPqDKcCZyWeqnGhLIxHWLXUkkj1H42P3RKzqwyIGGsbElD5urviYxGWk+iwHZG1Iz0sjcT//O6qQmv/YzLJDUo2WJRmApiYjL7mgy4QmbExBLKFLe3EjaiijJjsynZELzll1dJu1b1Lqq15mWlfpPHUYQTOIVz8OAK6nAHDWgBA4RneIU359F5cd6dj0VrwclnjuEPnM8fz0eM8A==</latexit>

like a Lorentz force! 



Dynamics of the vortex: Gyrotropic mode

Gyrotropic 
mode

Hx

Shifted 
vortex core

!gGz = h
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<latexit sha1_base64="jHGX6bLmAvXG2Z43yVPxeI2c+2A=">AAACFnicbVDLSgMxFM34rPU16tJNsAhuLDNV0I1QdKEboYJ9QKcMmTTThiYzY5IRajpf4cZfceNCEbfizr8xfSy09cCFwzn3cu89QcKoVI7zbc3NLywuLedW8qtr6xub9tZ2TcapwKSKYxaLRoAkYTQiVUUVI41EEMQDRupB72Lo1++JkDSOblU/IS2OOhENKUbKSL59eOnrh+ys64UCYe3x1NdOdu1r7QkOZZZlujTwOohzNMiSO98uOEVnBDhL3AkpgAkqvv3ltWOcchIpzJCUTddJVEsjoShmJMt7qSQJwj3UIU1DI8SJbOnRWxncN0obhrEwFSk4Un9PaMSl7PPAdHKkunLaG4r/ec1UhactTaMkVSTC40VhyqCK4TAj2KaCYMX6hiAsqLkV4i4yASmTZN6E4E6/PEtqpaJ7VCzdHBfK55M4cmAX7IED4IITUAZXoAKqAINH8AxewZv1ZL1Y79bHuHXOmszsgD+wPn8APiCgrw==</latexit>

like a Lorentz force! 

Fg = G⇥ v
<latexit sha1_base64="oz20GQE3zOpMvnE3iOB4AAmk1W4=">AAACGHicbVDLSsNAFJ3UV62vqEs3g0VwVZMq6EYoCuqygn1AE8pkOmmHziRhZlIoIZ/hxl9x40IRt935N07aFLT1wMCZc+7l3nu8iFGpLOvbKKysrq1vFDdLW9s7u3vm/kFThrHApIFDFoq2hyRhNCANRRUj7UgQxD1GWt7wNvNbIyIkDYMnNY6Iy1E/oD7FSGmpa545HKmB5yd3aTdJHMFhP02v5+J96ijKiZz/R2nXLFsVawq4TOyclEGOetecOL0Qx5wECjMkZce2IuUmSCiKGUlLTixJhPAQ9UlH0wDpcW4yPSyFJ1rpQT8U+gUKTtXfHQniUo65pyuzDeWil4n/eZ1Y+VduQoMoViTAs0F+zKAKYZYS7FFBsGJjTRAWVO8K8QAJhJXOsqRDsBdPXibNasU+r1QfL8q1mzyOIjgCx+AU2OAS1MADqIMGwOAZvIJ38GG8GG/Gp/E1Ky0Yec8h+ANj8gMIlKGm</latexit>

The vortex acts like 
a charge in a magnetic  

field: 
circular motion of the core 

around its equilibrium position



is applied perpendicular to the plane of the WGM orbits.
A loop coil near the YIG sphere generates an ac magnetic
field perpendicular to the dc field and drives FMR. The
magnetization then acquires its horizontal component
rotating at the angular frequency of the Kittel mode.
Because of the finite loss, the microwave reflection picked
up by the loop coil shows a dip at the resonant frequency.
The resonant frequency and the quality factor are found to
be ωmag=2π ¼ 6.81 GHz and Q ∼ 3000, respectively.
Laser light with a wavelength of 1.5 μm from an ECDL

is introduced through a FPC and then coupled to the WGM
resonator via a tapered silica optical nanofiber, with a waist
diameter of about 700 nm and a waist length of around
4 mm. Figure 1(b) shows the transmission spectra for the
transverse-electric (TE) modes and the transverse-magnetic
(TM) modes. The rich structures in the spectra indicate that
there are various spatial modes within the FSR of 62.1 GHz.
For WGMs in the large sphere limit, frequencies of the TM
modes are known to be higher than those of the TE modes
with the same mode indices because of the geometrical
birefringence [22–24]. For the 750-μm-diameter sphere we

use, the difference is estimated to be 51.8 GHz, which is
consistent with the observed spectra in Fig. 1(b) [25]. The
intrinsic quality factors of the WGMs are found to be
around 1 × 105 when they are measured in the under-
coupled regime.
When the light propagates in the direction of the mean

magnetization in ferromagnets, the well-known Faraday
effect occurs. When, on the other hand, the mean mag-
netization is perpendicular to the direction of light propa-
gation, magnon-induced Brillouin scattering takes place
[26–28]. In the presence of magnons in the Kittel mode,
photons in the WGM undergo Brillouin scattering to create
sideband photons with the frequency shifted by "ωmag=2π.
A HWP and a PBS make the scattered sideband photons
and the unscattered input photons interfere to generate a
beat signal at ωmag=2π. The signal is amplified and
measured with a vector network analyzer.
The orange (light blue) plot in Fig. 2 shows the observed

spectrum of the beat signal for the input laser being the TM
mode and coupled to the anticlockwise (clockwise) orbit of
the WGM resonator. The frequency of the input photons is
tuned to be ω=2π ¼ 193130 GHz where the beat signal
associated with the anticlockwise orbit is maximized.
While both peaks in Fig. 2 have the same linewidth as
the FMR signal, there is a large difference in their signal
strengths of almost 20 dB.
The nonreciprocity of the magnon-induced Brillouin

scattering can be explained by considering the conservation
of energy, momentum, and angular momentum under the
situation in which the spin-orbit coupling of the photons
and the geometrical birefringence associated with the
WGM resonator are blended with the time-reversal sym-
metry breaking in the magnon dynamics.
Suppose that the input laser polarization is adjusted to

couple to the TM mode of the anticlockwise WGM orbit
(orange orbit in Fig. 2). The light in the resonator is then σþ

polarized due to the spin-orbit coupling [see Fig. 3(a)]. To
see why the Brillouin scattering is more noticeable in this
situation, we consider the following three points. (i) The

FIG. 1. Transmission through WGMs in a YIG sphere.
(a) Experimental setup. WGMs of the YIG sphere are addressed
with an optical nanofiber. Microwave radiation from a vector
network analyzer excites magnons, and ac and dc components of
the light intensity are monitored with a high-speed photodetector
(PD). The polarization of the light from an external-cavity diode
laser (ECDL) is adjusted by a fiber polarization controller (FPC).
A half-wave plate (HWP) and a polarization beam splitter (PBS)
are placed before the PD. The inset shows a picture of the YIG
sphere and the nanofiber. (b) Observed WGM spectra for the
750-μm-diameter YIG sphere. Red and blue lines correspond to
the TM and TE modes, respectively. The transmission signals are
normalized by their maximal values. The free spectral range
(FSR) and the estimated spectral shift due to the geometrical
birefringence (GB) are indicated.
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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Cavity optomagnonics with magnetic textures

Introduction: cavity optomagnonics

Hamiltonian: Holstein-Primakoff
Optomagnonic coupling: gyrotropic mode

2.1. Magnetics – Spin waves

Spin system with 
one flipped spin

Macrospin

≙

Figure 2.4.: Excited Kittel mode.
Note: Here one particular spin is flipped, in reality this flipped spin is
distributed over the whole sample.

Strictly speaking, equation 2.1 only represents the lossless form of the Landau-Lifshitz
equation without dissipation. Since this is rather unphysical, one can insert a phe-
nomenological damping and dissipation term [5], which leads to the Landau-Lifshitz-
Gilbert equation

d ~M

dt
= �� ~M ⇥ ~Be↵ + ↵ ~M ⇥

d ~M

dt
(2.2)

with ↵ the damping constant. This equation describes a damped precession movement
of the magnetization ~M after an excitation, which leads to a helical orbit around ~Be↵

(Fig. 2.1 (b)).

(a) (b)

�M�M

�Be�
�Be�

�M ⇥
d �M

dt

� �M ⇥ �Be�

Figure 2.5.: (a) Lossless Larmor precession. (b) Damped Larmor precession. [5]

We conclude this section by mentioning that magnetic materials exhibit a variety of
magnon modes, not only homogeneous modes like the Kittel mode. For example a small
magnetic disk can exhibit a magnetic texture of a so-called vortex, which gives rise to
much more interesting magnon modes as we will see in the following chapters.

5

2.2. Optics – Whispering gallery modes

and the interference maxima of the electric field vary with m.
Finally we discuss shortly the TE case, where | (', r)| represents the absolute value of
the magnetic field. Since these modes are showing the same behavior as the TM modes
we only focus on the modes with p = 1. As we see in figure 2.9 the modes look a bit
di↵erent since they are more confined to the disk.

1µm1µm

m11p1

140MHz

m10p1

153MHz

Figure 2.8.: TM whispering gallery modes for p = 1 (only cos solution).

1µm

m12p1

153MHz

m11p1

165MHz

Figure 2.9.: TE whispering gallery modes for p = 1 (only cos solution).

In the simulation sections the above evaluated analytical results, which are strictly speak-
ing only valid for an infinite cylinder, are compared to the numerical results for a finite
disk, where no analytical solution is calculable. However the analytical results can be
used as a valid approximation for thin dielectric cavities if one introduces the e↵ective
refractive index mentioned above.
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Optomagnonics beyond the Kittel mode
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Optomagnonic Hamiltonian in the spin-wave limit

Optomagnonic coupling

G↵�� = �i
✓F�n

4⇡

"0"

2

Z
dr �m�(r) · [E⇤

↵ (r)⇥E� (r)]
<latexit sha1_base64="2RNKK4RKxKdWTGezxaSyzUzF9to=">AAAC+HicdVJNb9QwEHXCV1mgbOHIJWKFtEVQJVUluCBVID6ORWLbSuuwchxnY9VOIntSabH8S7hwACGu/BRu/Bsmu2m1tDBSpJc3b2aex84aJS3E8e8gvHL12vUbGzcHt27f2bw73Lp3aOvWcDHhtarNccasULISE5CgxHFjBNOZEkfZyasuf3QqjJV19QEWjUg1m1eykJwBUrOtYPPtzFGmmpLRTACjc6Y18x+do0ZH3r94KmlhGHcUSkzPVvwb76nCITkSlfdujzbS97pTZkRjpcLuLvZrv97teioriJYtck81gzIrnPH0Cc2FwuE9oz16WhkZn6u2PeV5DdMz4vWZbzT7uPMjChiv9TRyXsI2BamFPa/pGnfH/J88nQ1H8U68jOgySHowIn0czIa/aF7zVosKuGLWTpO4gdQx A5Ir4Qe0taJh/ITNxRRhxdBO6pYX56NHyORRURv8cDFLdr3CMW3tQmeo7Jzai7mO/Fdu2kLxPHWyaloQFV8NKloVQR11ryDKpREc1AIB40ai14iXDO8P8K0McAnJxSNfBoe7Owni93uj/Zf9OjbIA/KQjElCnpF98o4ckAnhQRt8Dr4G38JP4Zfwe/hjJQ2DvuY++SvCn38ASir5Ng==</latexit><latexit sha1_base64="2RNKK4RKxKdWTGezxaSyzUzF9to=">AAAC+HicdVJNb9QwEHXCV1mgbOHIJWKFtEVQJVUluCBVID6ORWLbSuuwchxnY9VOIntSabH8S7hwACGu/BRu/Bsmu2m1tDBSpJc3b2aex84aJS3E8e8gvHL12vUbGzcHt27f2bw73Lp3aOvWcDHhtarNccasULISE5CgxHFjBNOZEkfZyasuf3QqjJV19QEWjUg1m1eykJwBUrOtYPPtzFGmmpLRTACjc6Y18x+do0ZH3r94KmlhGHcUSkzPVvwb76nCITkSlfdujzbS97pTZkRjpcLuLvZrv97teioriJYtck81gzIrnPH0Cc2FwuE9oz16WhkZn6u2PeV5DdMz4vWZbzT7uPMjChiv9TRyXsI2BamFPa/pGnfH/J88nQ1H8U68jOgySHowIn0czIa/aF7zVosKuGLWTpO4gdQx A5Ir4Qe0taJh/ITNxRRhxdBO6pYX56NHyORRURv8cDFLdr3CMW3tQmeo7Jzai7mO/Fdu2kLxPHWyaloQFV8NKloVQR11ryDKpREc1AIB40ai14iXDO8P8K0McAnJxSNfBoe7Owni93uj/Zf9OjbIA/KQjElCnpF98o4ckAnhQRt8Dr4G38JP4Zfwe/hjJQ2DvuY++SvCn38ASir5Ng==</latexit><latexit sha1_base64="2RNKK4RKxKdWTGezxaSyzUzF9to=">AAAC+HicdVJNb9QwEHXCV1mgbOHIJWKFtEVQJVUluCBVID6ORWLbSuuwchxnY9VOIntSabH8S7hwACGu/BRu/Bsmu2m1tDBSpJc3b2aex84aJS3E8e8gvHL12vUbGzcHt27f2bw73Lp3aOvWcDHhtarNccasULISE5CgxHFjBNOZEkfZyasuf3QqjJV19QEWjUg1m1eykJwBUrOtYPPtzFGmmpLRTACjc6Y18x+do0ZH3r94KmlhGHcUSkzPVvwb76nCITkSlfdujzbS97pTZkRjpcLuLvZrv97teioriJYtck81gzIrnPH0Cc2FwuE9oz16WhkZn6u2PeV5DdMz4vWZbzT7uPMjChiv9TRyXsI2BamFPa/pGnfH/J88nQ1H8U68jOgySHowIn0czIa/aF7zVosKuGLWTpO4gdQx A5Ir4Qe0taJh/ITNxRRhxdBO6pYX56NHyORRURv8cDFLdr3CMW3tQmeo7Jzai7mO/Fdu2kLxPHWyaloQFV8NKloVQR11ryDKpREc1AIB40ai14iXDO8P8K0McAnJxSNfBoe7Owni93uj/Zf9OjbIA/KQjElCnpF98o4ckAnhQRt8Dr4G38JP4Zfwe/hjJQ2DvuY++SvCn38ASir5Ng==</latexit><latexit sha1_base64="2RNKK4RKxKdWTGezxaSyzUzF9to=">AAAC+HicdVJNb9QwEHXCV1mgbOHIJWKFtEVQJVUluCBVID6ORWLbSuuwchxnY9VOIntSabH8S7hwACGu/BRu/Bsmu2m1tDBSpJc3b2aex84aJS3E8e8gvHL12vUbGzcHt27f2bw73Lp3aOvWcDHhtarNccasULISE5CgxHFjBNOZEkfZyasuf3QqjJV19QEWjUg1m1eykJwBUrOtYPPtzFGmmpLRTACjc6Y18x+do0ZH3r94KmlhGHcUSkzPVvwb76nCITkSlfdujzbS97pTZkRjpcLuLvZrv97teioriJYtck81gzIrnPH0Cc2FwuE9oz16WhkZn6u2PeV5DdMz4vWZbzT7uPMjChiv9TRyXsI2BamFPa/pGnfH/J88nQ1H8U68jOgySHowIn0czIa/aF7zVosKuGLWTpO4gdQx A5Ir4Qe0taJh/ITNxRRhxdBO6pYX56NHyORRURv8cDFLdr3CMW3tQmeo7Jzai7mO/Fdu2kLxPHWyaloQFV8NKloVQR11ryDKpREc1AIB40ai14iXDO8P8K0McAnJxSNfBoe7Owni93uj/Zf9OjbIA/KQjElCnpF98o4ckAnhQRt8Dr4G38JP4Zfwe/hjJQ2DvuY++SvCn38ASir5Ng==</latexit>

J. Graf, H. Pfeifer, F. Marquardt, S. Viola Kusminskiy, Phys. Rev. B 98, 241406(R), (2018)

â
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is applied perpendicular to the plane of the WGM orbits.
A loop coil near the YIG sphere generates an ac magnetic
field perpendicular to the dc field and drives FMR. The
magnetization then acquires its horizontal component
rotating at the angular frequency of the Kittel mode.
Because of the finite loss, the microwave reflection picked
up by the loop coil shows a dip at the resonant frequency.
The resonant frequency and the quality factor are found to
be ωmag=2π ¼ 6.81 GHz and Q ∼ 3000, respectively.
Laser light with a wavelength of 1.5 μm from an ECDL

is introduced through a FPC and then coupled to the WGM
resonator via a tapered silica optical nanofiber, with a waist
diameter of about 700 nm and a waist length of around
4 mm. Figure 1(b) shows the transmission spectra for the
transverse-electric (TE) modes and the transverse-magnetic
(TM) modes. The rich structures in the spectra indicate that
there are various spatial modes within the FSR of 62.1 GHz.
For WGMs in the large sphere limit, frequencies of the TM
modes are known to be higher than those of the TE modes
with the same mode indices because of the geometrical
birefringence [22–24]. For the 750-μm-diameter sphere we

use, the difference is estimated to be 51.8 GHz, which is
consistent with the observed spectra in Fig. 1(b) [25]. The
intrinsic quality factors of the WGMs are found to be
around 1 × 105 when they are measured in the under-
coupled regime.
When the light propagates in the direction of the mean

magnetization in ferromagnets, the well-known Faraday
effect occurs. When, on the other hand, the mean mag-
netization is perpendicular to the direction of light propa-
gation, magnon-induced Brillouin scattering takes place
[26–28]. In the presence of magnons in the Kittel mode,
photons in the WGM undergo Brillouin scattering to create
sideband photons with the frequency shifted by "ωmag=2π.
A HWP and a PBS make the scattered sideband photons
and the unscattered input photons interfere to generate a
beat signal at ωmag=2π. The signal is amplified and
measured with a vector network analyzer.
The orange (light blue) plot in Fig. 2 shows the observed

spectrum of the beat signal for the input laser being the TM
mode and coupled to the anticlockwise (clockwise) orbit of
the WGM resonator. The frequency of the input photons is
tuned to be ω=2π ¼ 193130 GHz where the beat signal
associated with the anticlockwise orbit is maximized.
While both peaks in Fig. 2 have the same linewidth as
the FMR signal, there is a large difference in their signal
strengths of almost 20 dB.
The nonreciprocity of the magnon-induced Brillouin

scattering can be explained by considering the conservation
of energy, momentum, and angular momentum under the
situation in which the spin-orbit coupling of the photons
and the geometrical birefringence associated with the
WGM resonator are blended with the time-reversal sym-
metry breaking in the magnon dynamics.
Suppose that the input laser polarization is adjusted to

couple to the TM mode of the anticlockwise WGM orbit
(orange orbit in Fig. 2). The light in the resonator is then σþ

polarized due to the spin-orbit coupling [see Fig. 3(a)]. To
see why the Brillouin scattering is more noticeable in this
situation, we consider the following three points. (i) The

FIG. 1. Transmission through WGMs in a YIG sphere.
(a) Experimental setup. WGMs of the YIG sphere are addressed
with an optical nanofiber. Microwave radiation from a vector
network analyzer excites magnons, and ac and dc components of
the light intensity are monitored with a high-speed photodetector
(PD). The polarization of the light from an external-cavity diode
laser (ECDL) is adjusted by a fiber polarization controller (FPC).
A half-wave plate (HWP) and a polarization beam splitter (PBS)
are placed before the PD. The inset shows a picture of the YIG
sphere and the nanofiber. (b) Observed WGM spectra for the
750-μm-diameter YIG sphere. Red and blue lines correspond to
the TM and TE modes, respectively. The transmission signals are
normalized by their maximal values. The free spectral range
(FSR) and the estimated spectral shift due to the geometrical
birefringence (GB) are indicated.
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FIG. 2. Nonreciprocal Brillouin scattering. The orange (light
blue) plot is the observed spectrum of the beat signal for the input
laser being TM mode from port 1 (2). The right inset shows an
expanded plot of the light blue curve. The left inset depicts the
input ports and the direction of the dc magnetic field.
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Cavity optomagnonics with magnetic textures

Introduction: cavity optomagnonics

Hamiltonian: Holstein-Primakoff
Optomagnonic coupling: gyrotropic mode

2.1. Magnetics – Spin waves

Spin system with 
one flipped spin

Macrospin

≙

Figure 2.4.: Excited Kittel mode.
Note: Here one particular spin is flipped, in reality this flipped spin is
distributed over the whole sample.

Strictly speaking, equation 2.1 only represents the lossless form of the Landau-Lifshitz
equation without dissipation. Since this is rather unphysical, one can insert a phe-
nomenological damping and dissipation term [5], which leads to the Landau-Lifshitz-
Gilbert equation

d ~M

dt
= �� ~M ⇥ ~Be↵ + ↵ ~M ⇥

d ~M

dt
(2.2)

with ↵ the damping constant. This equation describes a damped precession movement
of the magnetization ~M after an excitation, which leads to a helical orbit around ~Be↵

(Fig. 2.1 (b)).

(a) (b)

�M�M

�Be�
�Be�

�M ⇥
d �M

dt

� �M ⇥ �Be�

Figure 2.5.: (a) Lossless Larmor precession. (b) Damped Larmor precession. [5]

We conclude this section by mentioning that magnetic materials exhibit a variety of
magnon modes, not only homogeneous modes like the Kittel mode. For example a small
magnetic disk can exhibit a magnetic texture of a so-called vortex, which gives rise to
much more interesting magnon modes as we will see in the following chapters.

5

2.2. Optics – Whispering gallery modes

and the interference maxima of the electric field vary with m.
Finally we discuss shortly the TE case, where | (', r)| represents the absolute value of
the magnetic field. Since these modes are showing the same behavior as the TM modes
we only focus on the modes with p = 1. As we see in figure 2.9 the modes look a bit
di↵erent since they are more confined to the disk.

1µm1µm

m11p1

140MHz

m10p1

153MHz

Figure 2.8.: TM whispering gallery modes for p = 1 (only cos solution).

1µm

m12p1

153MHz

m11p1

165MHz

Figure 2.9.: TE whispering gallery modes for p = 1 (only cos solution).

In the simulation sections the above evaluated analytical results, which are strictly speak-
ing only valid for an infinite cylinder, are compared to the numerical results for a finite
disk, where no analytical solution is calculable. However the analytical results can be
used as a valid approximation for thin dielectric cavities if one introduces the e↵ective
refractive index mentioned above.
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Optomagnonic coupling: gyrotropic mode
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Optomagnonic coupling: gyrotropic mode



R = 2µm
h = 500nm

Simple picture of the vortex breaks down:
Non-trivial z dependence
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Optomagnonic coupling: beyond 2D

“Thick” micromagnetic disk
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“vibrating string” 

Optomagnonic coupling: beyond 2D
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• First time optomagnonics with textures
• Promising values for coupling, tunable - design!
• Coupled Dynamics?
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Coupled dynamics?



Cavity Optomagnonics: simple model
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VIOLA KUSMINSKIY, TANG, AND MARQUARDT PHYSICAL REVIEW A 94, 033821 (2016)

and show that the system presents magnetization switching
and self-oscillations. We treat the full (beyond the fast-cavity
limit) optically induced nonlinear dynamics of the macrospin
in Sec. III B and follow the route to chaotic dynamics. In
Sec. IV we sketch a qualitative phase diagram of the system
as a function of coupling and light intensity and discuss the
experimental feasibility of the different regimes. An outlook
and conclusions are found in Sec. V. In the Appendixes we
give details of some of the calculations in the main text,
present more examples of nonlinear dynamics as a function
of different tuning parameters, and compare optomagnonic vs
optomechanic attractors.

II. MODEL

Further below, we derive the optomagnonic Hamiltonian
which forms the basis of our work,

H = −!!â†â − !"Ŝz + !GŜx â
†â, (1)

where â† (â) is the creation (annihilation) operator for a
cavity mode photon. We work in a frame rotating at the
laser frequency ωlas, and ! = ωlas − ωcav is the detuning with
respect to the optical cavity frequency ωcav. Equation (1)
assumes a magnetically ordered system with (dimensionless)
macrospin S = (Sx ,Sy ,Sz), with magnetization axis along ẑ,
and a precession frequency ", which can be controlled by an
external magnetic field [32]. The coupling between the optical
field and the spin is given by the last term in Eq. (1), where we
assumed (see below) that light couples only to the x component
of the spin, as shown in Fig. 1. The coefficient G denotes the
parametric optomagnonic coupling. We derive it in terms of
the Faraday rotation, which is a material-dependent constant.

z

y

z

x

optical mode

optical shift
∆ GSx0magnon

mode
optical
mode

G

Ŝ â

(a)

(b)

(c)

FIG. 1. Schematic configuration of the model considered. (a)
Optomagnonic cavity with homogeneous magnetization along the
z axis and a localized optical mode with circular polarization in the
y-z plane. (b) The homogeneous magnon mode couples to the optical
mode with strength G. (c) Representation of the magnon mode as a
macroscopic spin on the Bloch sphere, whose dynamics is controlled
by the coupling to the driven optical mode.

A. Relation to optomechanics

Close to the ground state, for deviations such that
δS ≪ S (with S = |S|), we can treat the spin in the usual
way as a harmonic oscillator, Ŝx ≈

√
S/2(b̂ + b̂†), with

[b̂,b̂†] = 1. Then the optomagnonic interaction !GŜx â
†â ≈

!G
√

S/2â†â(b̂ + b̂†) becomes formally equivalent to the well-
known optomechanical interaction [28], with bare coupling
constant g0 = G

√
S/2. All the phenomena of optomechanics

apply, including the “optical spring” (here, light-induced
changes of the magnon precession frequency) and opto-
magnonic cooling at a rate %opt, and the formulas (as reviewed
in Ref. [28]) can be taken over directly. All these effects depend
on the light-enhanced coupling g = g0α, where α = √

nphot
is the cavity light amplitude. For example, in the sideband-
resolved regime (κ ≪ ", where κ is the optical cavity decay
rate) one would have %opt = 4g2/κ . If g > κ , one enters
the strong-coupling regime, where the magnon mode and
the optical mode hybridize and where coherent-state transfer
is possible. A Hamiltonian of the form of Eq. (1) is also
encountered for light-matter interaction in atomic ensembles
[29], and its explicit connection to optomechanics in this case
was discussed previously in Ref. [30]. In contrast to such
noninteracting spin ensembles, the confined magnon mode
assumed here can be frequency separated from other magnon
modes.

B. Microscopic magneto-optical coupling G

In this section we derive the Hamiltonian presented in
Eq. (1) starting from the microscopic magneto-optical effect in
Faraday-active materials. The Faraday effect is captured by an
effective permittivity tensor that depends on the magnetization
M in the sample. We restrict our analysis to nondispersive
isotropic media and linear response in the magnetization
and relegate magnetic linear birefringence effects which are
quadratic in M (denominated the Cotton-Mouton or Voigt
effect) for future work [5,33]. In this case, the permittivity
tensor acquires an antisymmetric imaginary component and
can be written as εij (M)=ε0(εδij − if

∑
k ϵijkMk), where ε0

(ε) is the vacuum (relative) permittivity, ϵijk the Levi-Civita
tensor, and f a material-dependent constant [33] (here and in
what follows, Latin indices indicate spatial components). The
Faraday rotation per unit length,

θF = ωf Ms

2c
√

ε
, (2)

depends on the frequency ω, the vacuum speed of light c,
and the saturation magnetization Ms . The magneto-optical
coupling is derived from the time-averaged energy Ū =
1
4

∫
dr

∑
ij E∗

i (r,t)εijEj (r,t), using the complex representa-
tion of the electric field, (E + E∗)/2. Note that Ū is real since
εij is Hermitian [5,33]. The magneto-optical contribution is

ŪMO = − i

4
ε0f

∫
dr M(r) · [E∗(r) × E(r)]. (3)

This couples the magnetization to the spin angular momentum
density of the light field. Quantization of this expression
leads to the optomagnonic coupling Hamiltonian. A similar
Hamiltonian is obtained in atomic ensemble systems when
considering the electric dipolar interaction between the light
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Ṡ = Be↵ ⇥ S+
⌘opt
S

⇣
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